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Abstract

We develop a production function estimator for the case when firms endogenously se-
lect into multiple destination markets where they compete imperfectly, and when output is
denominated only in value. The estimator exploits a novel source of variation to identify de-
mand curvature: firm-level export shares. We demonstrate that ignoring the multi-destination
dimension (i.e., exporting) yields biased and inconsistent inference. We estimate in French
Manufacturing data increasing total returns to scale, decreasing returns to flexible inputs, and
demand elasticities between -19.42 and -3.56. These estimates imply 5 to 8 times larger effects

of a U.S. tariff increase compared to estimates from alternative estimators.
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1 Introduction

Production function estimation is a central component of many economic analyses.! While early
work relied on restrictive assumptions with respect to the evolution of unobserved shocks to supply,
remarkable progress has been made in the last 30 years towards specifying flexible conditions
under which structural elements of supply can be identified from firm or plant-level data (Olley &
Pakes, [1996; Levinsohn & Petrin, 2003; Wooldridgel, 2009; Ackerberg et al., 2015; |Gandhi et al.,
2020). Nevertheless, significant gaps remain between the conditions assumed by the literature and
the real-world datasets confronted by practitioners (De Loecker & Goldberg, 2014). This paper’s
objective is to close part of this gap.

A fundamental problem that is emphasized in the literature is that since outputs are usually
observed in monetary terms—i.e., sales, not physical quantities—unobserved pricing decisions of
firms directly influence the outcome variable, sales. In such cases, unobserved shocks to demand
can generate bias in the estimation of output elasticities, even if unobserved shocks to supply are
adequately controlled for (Klette & Griliches, [1996; [Foster et al., 2008; |IDe Loecker & Goldberg,
2014} |De Loecker & Syverson, 2021)).

When estimating production functions with outputs denominated in value, researchers usually
follow one of three approaches: (1) deflate revenues with an industry-wide price deflator and
treat the resulting series as if they were quantities, (2) control for an industry-wide aggregate
demand shock, or (3) impose constant returns to variable inputs. It is well known that the first
approach fails to neutralize omitted variable bias if firms charge different prices (De Loecker &
Goldberg, 2014). The second approach yields consistent estimates under parametric restrictions on
the inverse demand function, and if theory-consistent price and quantity indices are observed for all
markets served by firms. Lacking this information, researchers typically include aggregate controls

for the domestic market only (Klette & Griliches, |1996; Melitz & Levinsohn, |2006; |De Loecker,

IResearchers estimate production functions for a wide array of purposes. The structural coefficients can be used
to compute returns to scale (Caballero & Lyons, |1992) or markups (Hall, [1986). Alternatively, the estimated residuals
can be used as controls to address omitted variable bias (Almunia et al.,|2021), or as an dependent variable (Harrigan
et al.| 2026)). For a recent review of the literature, see De Loecker & Syverson|(2021).
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2011), which is insufficient to address the bias if firms serve multiple markets. Under constant
returns to variable inputs, the elasticity of demand can be identified from the ratio of variable input
costs to revenues, and the elasticity of output to quasi-fixed factors can be estimated via standard
GMM techniques (Aw et al., 2011; Almunia et al., 2021)); but the assumption of constant returns
to variable inputs is hard to defend a priori; moreover, constant returns to variable inputs rules out
many mechanisms of interest, such as cross-market interactions.?

In this paper, we develop a procedure for estimating structural elements of supply and demand
from firm-level data when outputs are only observed in monetary terms, firms serve potentially
multiple markets, and returns to variable inputs are potentially non-constant. As in previous work,
we substitute for missing price data with assumptions on demand and market structure. But instead
of identifying the demand curvature parameter exclusively from time-series variation in aggregate
quantity indices, we exploit a novel time- and cross-sectional source of variation: the export share
of sales at the firm level. We show that this readily-observable metric encodes valuable information
about the demand conditions faced by firms on all destination markets, given standard assumptions
on the profit maximizing behavior of firms. We combine this metric with information derived from
the first order necessary conditions of the firm’s optimization problem to build model-consistent
moment conditions, and thus estimate the curvature of demand, factor output elasticities, and the
elasticity of productivity to observed determinants, such as contact with foreign markets.

We start by specifying a data generating process in which heterogeneous firms serve potentially
multiple destination markets. Within each destination market, firms face an isoelastic demand
curve, with a price elasticity of demand that may vary by destination.? Firms face on each market
two types of idiosyncratic demand shocks. First, there are idiosyncratic demand shocks that are

revealed to the firm prior to making production plans—which we call “ex ante” shocks. Second,

ZFor example, Almunia et al[(2021) propose a model in which decreasing returns to variable inputs leads firms to
substitute sales away from particular markets when those markets experience downturns. Constant returns to variable
inputs are inconsistent with such a mechanism. See also|Arkolakis et al.[(2023) for cross-market complementarities in
multinational location choices.

3This is a more general framework than is usually employed in trade models. Researchers often allow that the
elasticity of substitution varies by product, but rarely by destination within product (e.g., Broda & Weinstein||2006;
Caliendo & Parro| 2015} [Shapiro||2016; |[Fontagné et al.|2022). A notable exception is Imbs & Méjean| (2017), who
identify destination-specific elasticities of substitution from trade flows and price data.
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there are idiosyncratic demand shocks that are realized at the point of sale, and hence are unknown
to firms at the time that they choose flexible inputs—which we call “ex post” shocks. If not
controlled for, the ex ante demand shocks generate transmission bias, because they both influence
flexible input choices and directly affect revenues. The ex post shocks do not generate transmission
bias, but rationalize variation in flexible input shares in revenues across firms that use the same
quantities of inputs. Ex post firm-destination-period shocks also generate variation in prices and
markups, both across firms and within firms across destinations.* In our main specification, we
assume firms engage in monopolistic competition, but we explain how to extend our approach to
Cournot competition.” In both cases we must assume that the demand curve is iso-elastic.

In each period firms choose simultaneously—conditional on quasi-fixed inputs—the destina-
tions to serve (which we call their “export strategy”), flexible inputs for production, and quantity
allocations across destinations to maximize expected profits. While the export strategy is, in prin-
ciple, the solution to a combinatorial discrete choice problem, in practice our estimation strategy
does not require us to solve the optimal export strategy of the firm. As long as the first-order con-
ditions are satisfied conditional on the export strategy, we can characterize firm behavior without
imposing additional restrictions on the profit function.b

Exploiting nonparametric identification results from|Gandhi et al. (2020), we estimate the output
elasticities of flexible and quasi-fixed inputs without imposing any assumptions on the production
function—in particular, about returns to variable inputs—beyond multiplicative separability be-
tween the productivity shifter and the rest of the production function. Estimation proceeds in two
steps. First, relying on the first order conditions of the optimization problem conditional on the
export strategy and quasi-fixed inputs, we project the expenditure share of flexible inputs (e.g.,

materials) in revenues on all inputs. This “factor share” regression nonparametrically identifies the

“Hence, while we impose structure on demand and competition in order to circumvent missing price data, our
model is flexible enough to allow for heterogeneous pricing behavior that is potentially important in real-world mar-
kets. While our model allows for these features, we cannot study strategic pricing behavior, given the data constraints.

3 Adapting our estimator to Cournot competition requires dropping ex post firm-destination-period shocks, while
allowing for an unanticipated (by the firm) shock to firm-level productivity. See Appendix for details.

6See |Arkolakis et al.| (2023)) for details on how to solve the combinatorial discrete choice problem under additional
restrictions on the profit function.



“revenue elasticity” of flexible inputs, which combines output elasticities with demand elasticities.

In the second step we use the revenue elasticities of flexible inputs from the first step regression
to compute the contribution of flexible inputs to domestic revenues. We subtract this contribution
from domestic revenues, and then regress the resulting values on predetermined inputs (e.g., cap-
ital) and a firm-specific demand proxy constructed from firm-level export revenue shares and the
residual from the first stage. Variation in this demand proxy allows us to estimate the curvature
of demand without building aggregate demand shifters in each market from industry-wide price
indices—an empirical effort plagued by thorny measurement problems that we discuss below—
and without even knowing the set of destinations served by firms. The domestic demand elasticity
is then used to recover output elasticities and retrieve the production function itself.

In Monte Carlo simulations, we compare the statistical properties of our estimator to (1) the
estimator from |Aw et al. (2011) that imposes constant returns to variable inputs, (2) the estimator
from De Loecker| (2011) that allows for different demand elasticities on different markets, (3) the
standard practice of deflating firm-level revenues by industry-wide price indices and ignoring de-
mand and price variation across firms, and (4) the estimator that controls for aggregate sales in the
domestic market as in Klette & Griliches (1996). Only our multi-destination factor share estima-
tor recovers estimates that are close to the true parameter values in these experiments, whereas the
other estimators deviate substantially when the data generating process allows for multiple markets
and non-constant returns to variable inputs.

We use our estimator to study returns to scale, the elasticity of demand, and the effect of ex-
porting on productivity in a panel of French manufacturing firms in 1994-2016. We find price
elasticities of demand ranging between -19.42 and -3.56 across industries, which is consistent with
estimates from the gravity literature (for example, Shapiro/[2016; Fontagné et al. 2022)). On the
supply side, we estimate that returns to flexible inputs are less than 1, on average, which imply
negative cross-market cost complementarities, as in |Almunia et al.| (2021). We find overall in-

creasing returns to scale, on average around 1.15. We also find evidence of learning by exporting

7For the alternatives (3) and (4), we consider both the factor share and the control function approaches.
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(LBE) between zero and 4 percent year-on-year, which imply cross-sectional differences in pro-
ductivity between exporters and non-exporters of up to 40 percent. The model with no demand
correction yields lower returns to scale, consistent with unaddressed transmission bias. The model
with a single-market correction delivers unrealistic elasticities of demand (despite the relatively
long period) and unrealistic returns to scale. Estimators based on the control function approach
yield extremely low capital elasticities and imprecisely-estimated price elasticity of demand.

Finally, we compare the quantitative implications of these results in two partial equilibrium ex-
ercises. Our estimates imply that a 10% increase in tariffs to reach the U.S. (entire world) would
lower sales of French exporters to the U.S. (entire world) by 44% (11%). On average across indus-
tries, our estimator implies 5 times (8 times) larger effects of the U.S. tariff increase compared to
the constant-returns-to-variable-inputs estimator (single-market-correction estimator)—and 86%
(140%) larger effects of the global tariff increase.

Our main contribution is to develop a production function estimator that exploits moment condi-
tions that are consistent with a model in which firms potentially serve multiple destination markets
where they face idiosyncratic demand shocks—without relying on quantity data. When quantity
data are observed, output elasticities can be estimated without imposing structure on pricing be-
havior (as in, for example, Roberts et al.|[2018 and Blum et al.|2023)). But in this case, structural
assumptions are required on the supply side with respect to how firms apportion inputs across
multiple production lines or products. To balance high demands on the data stemming from the
existence of multiple production lines, quantity-based multi-product productivity estimators often
rely on restrictive functional form assumptions for the production function (e.g., Cobb-Douglas)
(Blum et al., 2023; de Roux et al., 2021). Additionally, it may be difficult to compare quantities
across firms and products in a meaningful way (De Loecker & Goldberg2014).2 Moreover, phys-
ical quantity data are only available in rare datasets, and even then only for particular industries,

limiting the applicability of quantity-based multi-product estimation techniques.” In contrast, we

8Quoting directly from [De Loecker & Goldberg| (2014) referring to quantity data, “the introduction of additional
data creates its own challenges; although more data may help alleviate some of the problems discussed above, they are
not a panacea” (page 200).

9For example, Blum et al.|(2023)) focus on only ten 3-digit ISIC industries for which there is a standard and uniform
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offer an approach that can be implemented in a broad range of differentiated-product markets with
information that is widely available.!?

Beyond the production function estimation literature discussed above, our paper relates to a
small literature on cross-market cost complementarities. Berman et al. (2015), Barrows & Ollivier
(2021) and |Almunia et al.| (2021) all estimate the effect of demand shocks in a given market on
sales in a different market. If the returns to flexible inputs are decreasing, then more supply to one
market increases the cost of serving other markets. Hence, positive ex ante demand shocks in one
market should lower sales in another market. Neither Berman et al.| (2015]) nor Barrows & Ollivier
(2021) estimate production function parameters, but rather focus on the reduced-form connection
between demand shocks in one market and sales in another market. |Almunia et al.| (2021) specifies
a similar model to the one we develop, but adopt a production function estimation that assumes
constant marginal costs and myopia relative to ex post demand shocks. We show in Appendix
that these assumptions are not consistent with the conditions necessary for cross-market cost
complementarities.

Finally, our application is related to the literature on productivity-enhancing effects of exporting
(Van Biesebroeck|2005, |IDe Loecker|2007,[Wagner 2007, Wagner|2012, De Loecker|2013, |Garcia-
Marm & Voigtlander 2019, Atkin et al.| 2017, Buus et al.|[2022). When quantities are observed,
one can study learning by exporting (LBE) without explicitly modeling the export market entry
decision and export market itself. However, when outputs are denominated in value it is essential
to employ a multi-destination model that includes a correction for demand from multiple markets.
Otherwise, an inconsistency arises between studying the impact of exporting and an estimation

procedure that allows for only one—domestic—market. In fact, we do not know a paper on LBE—

measure of physical quantities of output across firms, which yields only 2,749 firms for Chilean manufacturing. Dhyne
et al.| (2022)) analyze just firms that produce the same two 6-digit products, thereby excluding roughly 90% of firm-
year observations. [de Roux et al.[(2021) focus only on firms producing rubber and plastic products in the Columbian
manufacturing survey (covering 362 firms).

10CES demand and monopolistic competition are fairly standard assumptions for most manufacturing industries.
In Monte Carlo experiments, we find that even when the true data-generating process features Nash competition
in quantities, monopolistic competition remains a good approximation to firms’ equilibrium behavior, similarly to
Barrows et al.| (2025) and |Head & Mayer| (2026)).



including those cited just above—that addresses this issue.!!

2 Model

We model the supply and demand for horizontally differentiated varieties that are produced by
single-product firms and consumed in multiple destination markets. The model delivers an esti-
mation equation that links observable outputs (revenues) to inputs and observable demand shifters,

and also serves as the data generating process for Monte Carlo simulations in Section [3

2.1 Demand

There are a fixed number of destination markets indexed by d € {0, 1,..., 2}, and industries in-
dexed by i € {1,...,.}. Within an industry i, the quantity demanded for a given variety f at time

t by consumers in destination market d takes the familiar constant elasticity of substitution (CES)

form:
1
Pd_ @ 8d- ud-
de _ fit Bd ex fit fit 1
fit Yldt it €XP I—Pid 1_P,'d ( )

d
it

where P]‘Zit is the price charged for variety f in market d in time ¢, Y¢, and Bl‘.’t are, respectively,
the CES aggregate price and quantity indices, g}liz is an ex ante variety-specific demand shock
(realized prior to production), u?it is an ex post variety-specific demand shock (realized at the point
of sales),!? and 1/(p? —1) = n¢ < —1 is a constant industry-specific price elasticity of demand,
which may vary across destinations with the demand curvature parameter pid . Revenues on each

destination market d are given by:

pd  Yd
d d t
Rfit = (Xfiz> -

d d
exp(€&y; i) 2
(Bd)P,-"—l xp(€fi + Uf) (2)
Since the estimation proceeds industry by industry, we drop the index i from here on.

it

1'van Biesebroeck| (2005), De Loecker (2007) and |De Loecker| (2013) all deflate sales or value added by industry
price indices—invariably, domestic price indices—in order to approximate quantities. This leaves firm-level variation
in demand shocks a source of transmission bias. In addition, using domestic price indices implies that price conditions
faced by exporters are identical in the domestic and foreign markets, which is at odds with the existence of variable
trade barriers and different market conditions.

12The ex post demand shock, ujf-r, also captures firm-destination-time measurement error in revenues.



2.2 Production

Each firm produces a single differentiated variety that may be shipped to any destination market.!3

Hence, we can use f interchangeably to denote varieties or firms. Firms produce outputs using
materials My, labor Ly, and capital Ky,. We assume that materials are flexible inputs, i.e., they
are chosen optimally each period, given material input prices W¥.!4 Capital is a quasi-fixed input

that evolves each period according to the depreciation rate and an endogenous investment choice:
K K
K= (1—9")Ks 1+ 151, 3)
where @X denotes the rate of depreciation and ljlftfl is the investment choice in period # — 1.
We can allow for different assumptions on how labor is chosen. For settings with flexible labor
markets, we can treat labor as a flexible input—just like materials—with exogenous price W;-. But

in most settings, labor can be viewed as a dynamic input. For expositional purposes, we treat labor

as a quasi-fixed input with evolution:

Ly=(1—@ L1415, (4)
with depreciation rate ¢’ and net hiring l]ét_l. We point out below where the procedure needs to
be adjusted to allow for alternative assumptions on labor.!>

Output is a function of a Hicks-neutral productivity shock @y, and a twice continuously differ-

entiable transformation of variable and quasi-fixed inputs:

Ot = exp(@p )F (myy, Ly kpy) <= qpe = @pe + f(mpr, Ly kg ), (5)

B3In Appendix @ we extend the model to the case that firms produce multiple products with heterogeneous tech-
nologies, combining our multi-destination framework with the multi-product framework from |Valmari| (2023).

4We impose homogeneity in material input prices because firm-specific material input prices are rarely observed.
Homogeneity in material prices implies that quantities of materials are proportional to expenditures on materials. We
deflate materials expenditures with an industry-specific input price index. In the case that quantities of materials are
observed, we can allow that material input prices vary by firm, but we still impose that firms are price takers. Allowing
for manipulation of the input prices would require amendments to the first order conditions, and hence, the factor share
regression.

151 particular, our French empirical context, characterized by a dual labor market (with both short, fixed-term con-
tracts and long, indefinite-term contracts), may justify an intermediate approach: labor could be treated as a dynamic
input, but not quasi-fixed. The stock of labor may evolve slowly through depreciation and investment, yet there could
remain a margin that can be adjusted flexibly within a period ¢. Even though the French dual labor market is known for
its rigidity, many French firms adjust their current labor stock to contemporaneous supply and demand shocks, even if
not completely (Saint-Paull |{1996; Reshef et al., 2022).



with Qy, (qf;) denoting the quantity in levels (logs) of output produced by firm f in year ¢, and
F () (f(-))is an industry-specific function expressed in levels (logs). Productivity w;, may depend
on observable determinants such as export market participation or hiring techies, as in De Loecker
(2013) or Harrigan et al.| (2026)), respectively. Estimating the elasticity of productivity to these

determinants is one objective of this paper.

2.3 Optimization

Firms may ship their variety to any destination market, subject to fixed and variable trade costs. We
denote the domestic market by d = 0 and assume that researchers observe only firms located in that
market, as is typically the case. To serve a given market, firms must pay a firm-destination-time
specific fixed cost C}i, and a destination-time specific ad valorem “iceberg” cost ¢ > 1.1 To sell
X]ilt units to destination market d, firm f must produce ij[ = ‘Cth }1[ units. We assume that there are
no domestic fixed costs (C% = 0), so all firms sell on the domestic market. In contrast, firms may
serve any subset of foreign destinations. We denote the set of foreign destinations served by firm
fin year t as Qp;, which we refer to as an “export strategy”. We remain agnostic about how this
set is chosen, as this choice does not affect our estimation procedure.17

At each period ¢, the sum of all units sold to all destination markets must equal total output:
Yacoun " Qj{, = Qy;. For a general production function, this constraint obliges the firm to simulta-
neously determine the quantity of output to ship to each destination. Only in the case of constant

returns to variable inputs (and, hence, constant marginal costs) would it be optimal for the firm to

solve for destination-specific quantities separately, i.e. treat the markets as segmented. '3

16We could allow iceberg trade costs to vary across firms in foreign markets without requiring any modification
to the estimation procedure. In contrast, if iceberg costs vary across firms in the domestic market, they would enter
the second stage of the estimation. In that case, they would need to be parameterized as functions of observables
and included accordingly in the second-stage specification. For simplicity, we maintain the assumption that ’L’td is
homogeneous across firms, with this caveat in mind.

7Presumably, firms choose the set of destinations they serve to maximize their expected profits in each period, net
of the fixed costs of exporting. Solving for the optimal set of destinations to serve is a complex combinatorial discrete
choice problem. Under certain conditions on the profit function, this problem can be solved with the algorithm from
Arkolakis et al.[ (2023)), for instance. Alternatively, with a relatively small number of potential destinations, this
problem can be solved iteratively by comparing all potential strategies and their associated profits. This is what we do
in the Monte Carlo experiments.

18Without ex post demand shocks, the solution to the firm’s problem is the same whether it chooses quantities or
prices. In contrast, with ex post demand shocks, only a quantity-setting formulation is consistent with the timing of

9



For a given export strategy Q;, firms choose a vector of destination-specific output shares
X=X Xfrs oo 7)), with X§; = 0%,/Q» and material inputs My, to maximize expected prof-
its, given material input prices, quasi-fixed inputs, iceberg trade costs, and market-specific demand
conditions. While firms observe ex ante variety-destination-specific taste shocks before making
their quantity choices, they do not observe ex post demand shocks at the time of production. Hence,
firms take expectations over ex post shocks u;lpt, which are assumed to be i.i.d. with a constant mean
u that is known to the firm.!?

Using (2)), we write the optimization problem for a given export strategy Q; as

0
max E (X})z exp (@y:) F (mgi, Ly, kyt) ) D} eXp(é‘%) eXP(”?ft)
mftv%fﬂ{%f[}deﬂf,

d

p
+ Y (x}ltexp(wft)F (mft»lfnkft)> D exp(ef,) exp(uf,) — WM My,
dEth

+ Al 1=xp— Y 1), (6)
dGQﬂ

_nd _nd
where D¢ = Y¢ (Bf)1 P (z4)"P" is a destination-specific demand shifter for all d € {0UQy,}
for the specific industry, and A4, is the multiplier associated with the constraint x% +Y4 )(J‘ft =1.
Assuming monopolistic competition implies that firms take D? as given, and we assume that these
20

aggregate demand shifters are observed by firms before making their decisions.

The first-order necessary condition (FONC) with respect to materials yields

0_; OF p°
WtM = guPOeXP (Powft) F (mft,lfz;kfz)p Wﬂ <X](f)z> D9CXP <8;)'t)

i_y oF p?
+ ¥ apexp (popn ) F (mp k)™ 0 ()" Diexplef), @
deQy ft

the model. Firms choose quantities to maximize expected profits given the distribution of shocks, and then set prices
ex post to clear demand. A price-setting formulation would be time-inconsistent: a firm could set prices ex ante based
on expected demand, but would have an incentive to revise them once shocks are realized. Since production decisions
are irreversible at the time of sale, the quantity-setting formulation avoids this time inconsistency.

19As in |Gandhi et al. (2020), ex post shocks rationalize errors in the factor share equation, which will be defined
below. We extend this notion to the multi-market context.

20We develop the case of Cournot competition in Appendix @ This requires dropping ex post firm-destination-
period shocks, though in this case, we instead allow for an unanticipated (by the firm) shock to firm-level productivity.
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with E [exp(u?l)} = &, a constant, for all firms and destinations. Rearranging yields:

0 d
WMy o | Kt 0 p Rj: d
——— = &,p O | =—exp (—u > + — ——exp (—u ) , (8)
Ry f Ry It dezg;,ﬂ pO Ry 1t
=
M aF(mf[,lﬂ,kﬂ) Mft o« e . . .
where O = M, F oy ) denotes the output elasticity of materials, which is allowed

to vary across firms and over time. The “factor shares” equation (8] serves as the basis for the first
step in the estimation procedure.

We denote the term in large brackets in equation (8) by Zs,, which is a weighted sum of the
inverse ex post shocks, where the weights are a combination of destination-specific revenue shares
and the ratio of curvature parameters relative to the domestic p°. As we explain below, this term
plays an important role in the estimation procedure.

First-order necessary conditions with respect to output shares X}l; yield, for eachd € {0UQ },

d d_
Eup exp(p?@p ) F (mys Ly, k)" (x5,)P" ' D exp(efy) = Ag, ®)
implying
0 vd Do 0
d a P Xf 0, 0+p0 ,exp(eﬂ)
()P ()P = 5 =5 Q)P ()P (10)
T AT pd 0 P A pexpl(ed)
Substituting (10) into the expression for total revenues gives
0 p° Povi,
Ro=(050)" (x)" DPexp(ef)exp(ufy) |1+ I |, (an
fi ( f) ft t ft ft XJQ,CXP(M.(},)

where ¥}, =¥ ca, X}l, exp(ujdct) /p? is a weighted sum of ex post shocks in foreign destinations,
with weights equal to the ratio of destination-specific output shares over demand curvature.?! For
non-exporters, this expression of total (domestic) revenues simplifies with l//;‘cl =0 and qut = 1.
From this expression we also observe that when firms export, their domestic output share ( x}),) and
their domestic revenue share (R% /R ;) are not equal, and the difference depends on relative ex post
demand shocks and demand curvature for the domestic and foreign markets.

Using the FONCs with respect to quantity shares and the definition of Z,, we can write domestic

2IThe weights xj”ft /p? for y/}t do not in general sum to 1 because ) ;co P x}il =1- x% < 1 as long as firms sell their

products in the domestic market and because p is included.
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revenues as

0

0 RO l—po
RO = (07)" [ L] DCexp(e’ ( 0 ) 12
ft (th) thZfl‘ t eXp( jt) exp(uft) ) ( )

which holds for both non-exporters and exporters.”> Equation || links domestic revenues, R?pt,
to total quantity of output, Q,, the domestic share of revenues, R% /R, the weighted sum of the
inverse of ex post shocks, Z;, and ex ante and ex post domestic demand shocks (i.e., 8%, u%).

A key feature of our estimation strategy is that neither aggregate nor firm-specific ex ante foreign
demand conditions intervene directly in equation (12)). Instead, the metric R(])Ct /(R f:Zs:) encodes
this information. To see how, consider two firms that produce the same quantity of output and
face the same domestic demand conditions. The firm with higher foreign demand—either because
the firm serves better markets or because the firm sees higher demand shocks—will ship a higher
share of output to, and earn a higher share of revenue from, foreign markets (lower value for
R(}t/ (Ry:Zs:)). The correlation between this term and domestic revenues identifies the curvature
of domestic demand. While the domestic share of revenues is likely endogenous, driven by both
unobserved shocks to supply and demand, the elasticity of domestic revenues to R% /(R Zs;) can

be estimated without ever having to observe foreign demand conditions, as we show below.?

3 Empirical strategy

We base our estimator on the two-step factor shares approach of |Gandhi et al.| (2020). Specifi-
cally, we extend the “revenue production function” estimator in their Appendix O6-4 to the case
where firms serve potentially multiple destination markets, wherein they face heterogeneous de-
mand conditions.?* Later, we compare the performance of our estimator with alternative estimation
strategies, either based on different versions of the same factor shares approach, or on the control

function approach.

22See Appendix ﬂ for the complete derivation.

23In Appendix [C| we demonstrate that this result holds even if we relax the CES assumption for demand. However,
without additional restrictions, we cannot recover the production function separately from the inverse demand function.
Any change in revenues can be rationalized either by a movement along the supply curve, or a movement along the
demand curve. The CES assumption generates separability between the demand terms and the supply terms, enabling
joint identification of the demand and supply elasticities.

24In their main text, Gandhi et al.[(2020) treat only the case in which outputs are denominated in quantity.
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3.1 Multi-destination estimator: first step

In the first step, we derive the estimation equation from the first-order conditions for material in-
puts.>> As implied by the term “factor share approach”, output elasticities with respect to material
inputs are identified from projecting factor expenditure shares on logs of input use. When outputs
6

are denominated in value, these elasticities include the demand-side palrameters.2

Conditioning on non-exporters and re-writing equation (8) yields:

Ins¥ = In [guﬁﬁ(mf,,lﬁ,kﬁ)] —ul, (13)
where we define s% =M f,W,M /R '+ and where B}‘f (m 1l ft,kft) = pOG%I denotes the output elas-
ticity of materials multiplied by p°, or the “revenue elasticity” of material inputs. It is important
to condition on non-exporters for the first step to ensure that the residual (—u%) is orthogonal to
inputs choices.?” However, we emphasize that this does not introduce sample selection bias when
estimating 1} because u% is unknown to the firm at the time it chooses an export strategy.

Following (Gandhi et al.| (2020), we approximate [3]1};1 () with a complete polynomial function of

21t is standard in production function applications to treat capital as a quasi-fixed input and to treat materials as
a flexible input. The treatment of labor varies by application: sometimes, labor is assumed to be quasi-fixed (as we
do), whereas other applications, especially in the developing world, treat labor like a flexible input. In the latter case,
researchers must amend our procedure by following the same steps for labor as for materials.

6In general, the “revenue elasticities” of flexible inputs are identified from the factor share regressions as long as
the markup does not depend on input levels (and as long as the orthogonality condition discussed below is met). But
this does not require that markups are fixed. Markups may vary over time and across firms in our model because of ex
post demand shocks.

2’When the sample includes exporters the residual of the factor share regression depends on a weighted sum of ex-
post demand shocks. While these ex-post demand shocks are by definition orthogonal to input choices, the weighted
sum of these ex-post shocks is not necessarily orthogonal to input choices, because the weights are influenced both by
the shocks and quasi-fixed inputs.

Z8Moreover, this restriction does not require that exporters and non-exporters have similar input intensities. Nothing
about our estimation strategy precludes exporters from having higher capital stocks, for example, which would lead
to systematically different input intensities, given the flexible production function. However, our estimation strategy
requires that the parameters of the [3}‘;’ (m o Lpr kﬂ) function are the same for exporters and non-exporters. While this
assumption is implicit in the specification of a common production function across firms in the industry, it rules out
phenomena of interest, such as differential processing for export versus domestic markets (e.g.,|Verhoogen|2008).
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degree two in all inputs. We estimate ﬁ%’ () by non-linear least squares (NLLS):

En}lr}{ ZZ{]DS%—IH (ggd—f—g%mfﬁ—gfwlﬂ—f—g%kﬂ
i [t

2
+ G+ 8 Ll g + gk ik e + g ik g+ gl + g1 g kfl) } (14)

where all the g¥ coefficients include the constant &,. To purge this constant from the g" coeffi-

cients, we compute

&, =

|~

Y Y exp(ia},), (15)
f t

where N is the number of firm-year observations and ﬁ% is minus the residual from .29 We

then divide all g™ coefficients by this constant and compute
BY (mpnlyikp) = 80 +&mmp+8)" Lt + 8¢ ko + G s + 81 Ll
+ Gukskpe + G kg + Gumpel g+ 8 Lpek g (16)

where, in a slight abuse of notation, we denote by gﬂ]‘/’ the deflated estimated coefficients from
(T4). Because (’g‘;"’ characterize the production function for all firms, we compute the estimates

of E}‘f (mpgs, Ly, kgi) for every firm, including exporters. Consequently, we can estimate Zy; for all

thMMfl ~ ~

firms: Z 1 = ( % )/( B}‘;’ (-)&.). We use this residual in the second stage of the estimation.

3.2 Multi-destination estimator: second step

In the second step, we use the information from the first step to recover the rest of the production
function. The basic insight from Gandhi et al.| (2020) is that the material input elasticity defines a
partial differential equation that can be integrated to compute the part of the production function
related to material inputs.

By the fundamental theorem of calculus, we have

mp
/m B! (myo, Lk )dmge = pOf (mpe, Ly kge) + 6™ (L1 kg 17

where m is the minimum possible value for material inputs and ™ (-) is a constant of integration

2Since (T5) calls for the use of the exponential function, the estimate of E [exp(u)] may be sensitive to the presence
of extreme outliers. In the French data, we exclude any firm that ever has a material expenditure share or a labor
expenditure share greater than 20 or less than 0.001. This restriction excludes less than 0.1% of the data.
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that depends only on quasi-fixed inputs (here, labor and capital). Therefore, we compute log

domestic revenues for all firms net of the contribution of flexible inputs:

m ft A
=y - / B (mye, Lk g )dm g (18)
and substitute into (12) to derive

~0

Tf = bil g+ bikge + Dulyel g + Drack rok 7 + bul ok g1
RO
+ DY+ p%In | —L— )+ €%+ (1-p°) u, + p oy (19)
Rleft

where the term —p9%™ (l f,,kft) is approximated by a complete polynomial function of degree
two in quasi-fixed factors—i.e., first line of the right hand side of (19).

In equation 1! O, sﬂ, and 1" 7, are all endogenous to ln[R ./ (RpZ f,]), both through the en-
dogenous choice of destinations in the export strategy and through realized sales in the domestic
market. Additionally, if g, 8%, and u?-t are persistent, then they correlate with all quasi-fixed in-
puts through the investment rule. As in many production function estimation routines, we exploit
assumptions on the evolution of these unobserved shocks for identification. In particular, we as-
sume that productivity shocks @7, and domestic demand shocks 8% evolve according to first order
Markov processes with the same persistence parameter 4.3° In addition, we allow oy; to depend
31

on a lagged firm decision, here an export participation indicator ef ;.

Combining all unobservables into a composite shock, vy, = 8% + (1 — po) u(}l + poa)ﬁ, yields

Vie=hvpi1+p rep 1+ &, (20)
where 0 = hwy,_| + [les;— | + O and ef = heft ) —|—§J9t, with @f and 5})[ indicating i.i.d.
innovations to productivity and domestic demand shock. The parameter u indicates the effect
of “learning by exporting” (LBE), i.e., the potential gains in productivity from selling to foreign

markets. Note that we make no assumptions on the evolution of sft for d > 0, i.e., on any other

30Allowing for non-unit-root persistence in both productivity and domestic demand shocks entails that both @, and
ﬁ must follow the same linear AR(1), as explained by Melitz & Levinsohn! (2006)); |De Loecker|(2011). Alternatively,

one could impose that eﬂ is i.i.d., conditional on observables, in which case one could allow for a more flexible
first-order Markov process in @y;.

3INote that the estimation sample in the second stage includes all firms, not just exporters. As a result, identifica-
tion does not rely on moments that condition on exporting status. Therefore, even if contemporaneous productivity
influences the export decision, this does not generate a sample selection problem in the second stage.
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market that is not the domestic one.’ The term &7, = E}’l +pPap +(1— po)u% —h(1— po)u(}t_1

is an MA(1) error term (due to the presence of “9%71)-

Substituting vy, into (19) yields

RO
7o = bil gy + bikgo + bulpl gy + buack sk e + by ik g+ p°1n L)+ o+ vp (21
Rf[th
where ¢ is a time fixed effect that absorbs the domestic demand shifter, In DY.33
For any candidate vector (po*,b*, %, b}, by, b)), we can compute
RO
—_— * t
Vf[ + a[ = /};?ct - po ln R fé - b;klft - b;:kf[ - b;kllftlf[ - bzkkftkfl - b}kklftkf[, (22)
ftlft

—

and then regress v, + 04 on Vf7t_/1—ﬁx,_1, the past exporting decision ey, and time fixed effects,

and compute the residual &, (po* b7, by, by, b, Tk) We then build the moment conditions:

e ¥ pk opk pk gk * Roz_ /
E éft (PO 7blabkabll7bkkablk) ' (lnﬁ,lf;,kfl,llfl,kkfz,lkﬂ> :| =0. (23)

and minimize deviations from these moments by GMM.
At the true parameter values, &, is orthogonal to all quasi-fixed inputs in period z. This fol-
lows from the fact that &y, contains only period ¢ innovations to productivity @y, and domestic

demand 5‘]9, and ex post domestic demand shocks u?cl and u(} none of which influence the

g—1>
investment decision in period ¢ — 1. However, even at the true parameter values, Eﬂ correlates
with ln[RS)ct / (thth)] and ln[R(}J_1 / (RfJ,l/Z\f,t,l)] through the endogenous set of destinations
and through sales on the domestic market.>* Thus, we use ln[R%F2 / (Rﬁ,_sz’,_g)], which is
orthogonal to E f1» to ensure that the moment condition hold.

Although this moment condition should hold (given the model), one may wonder whether it

is relevant for identifying p® in (23). We offer two explanations for the correlation between

32The LBE coefficient 4 is mediated by the curvature of domestic demand p°. The reason is that (20) is identified
by domestic revenues. An increase in (log) output increases domestic revenues by p°. LBE increases output by i, so
domestic revenues by p? x u. Had we been using revenues from a different market to identify LBE, say, market d > 0,
then the coefficient to ey, would have been px .

3By absorbing the (industry-specific) time-varying demand shifter into a fixed effect, we exploit different variation
than estimators that rely on time series variation in a domestic aggregate quantity index, such as [Klette & Griliches
(1996).

**Recall that in order to build ln[R(;c‘,f1 /(Rf+-1Zs,—1)] we use realized domestic sales, which are directly affected

0
by Up,_y-
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ln[R?c’t_2 / (R_f7,,2/Z\_f7,,2)] and ln[R% / (thth)]’ conditional on quasi-fixed inputs, time fixed ef-
fects, and va_/H—\a,_l. First, persistence in the ex ante foreign demand shocks 8;1-1, for d # 0,
yields correlation between ln[R?.pJ_2 /(R f7,,22f,t,2)] and ln[R(}t / (thift)]. To see this, consider
two firms with the same evolution of v (which includes only domestic demand shocks 8%) and
quasi-fixed inputs, serving the same set of destinations Q ;. Suppose that the first firm has persis-
tently higher draws for ej‘ft for some d > 0 than the second firm. The former firm will tend to earn
a higher share of revenues from the export market than the latter, and hence will tend to have lower
In[RY, /(RfiZy)] in all periods.

The second mechanism that generates correlation between In [R%t_2 / (R_fJ,zZ r4—2)] and In [R% /(R ftZ )]
relies on persistent firm-specific fixed costs of market entry. To see this, consider two firms with
the same evolution of vy, and quasi-fixed inputs, but different fixed costs of reaching different
markets. In this case, the two firms will likely serve different markets. If these fixed costs are per-
sistent, then the two firms will be exposed to different aggregate shocks. Suppose that the first firm
has lower fixed costs compared to the second firm for serving a particular large foreign market.
Then the former firm will tend to earn more from exporting than the latter, all else equal, and thus
will tend to have a lower ln[R% /(R f,Zﬂ)] in all periods.>> While both mechanisms give rise to a

“relevant” moment condition, we remain agnostic about their relative importance.’®

35 Alternatively, we could exploit a shift-share instrument instead of ln[R(}_F2 / (Rf’,_g/Z\f’,_z)] in (23), where the
weights would be pre-period market shares for each firm and the shocks would reflect industry-destination-period
demand B;. However, this would require knowledge of the entire destination network of each firm and measures of
aggregate demand. We prefer to use ln[R%tf2 / (RfJ,QZ r+—2)] as the instrument because it requires only knowledge

of the domestic share in revenues and it allows for persistence in the s}lt draws to contribute to the relevance of the
instrument.

36While our approach to identifying the price elasticity of demand is non-standard, similar approaches have been
used in the literature. Fundamentally, identification in our framework comes from variation in the domestic revenue
share. Holding total output fixed, reallocating sales across markets changes domestic revenues and, given equation
(12), we recover the elasticity of domestic revenues with respect to this reallocation. This mechanism is closely
related to standard results in models of oligopoly with CES demand, where demand elasticities and markups can
be expressed as functions of market shares (Alviarez et al.l 2025). In those settings, shares reflect the allocation of
demand across firms within a market. In contrast, in our setting, shares reflect the allocation of a firm’s sales across
destinations. Despite this difference, the underlying logic is the same: shares summarize how demand is allocated
across alternatives, and curvature parameters govern how outcomes respond to changes in those shares.
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Finally, we compute the output elasticity for each quasi-fixed input j € {K,L}:%

. Ny p) .

[/)\0 aln]ft aln]ft
6y = B (mp,lks)/p°. (25)

and for flexible inputs:

We compute returns to scale as the sum of output elasticities from variable and quasi-fixed inputs,
and LBE as the point estimate on the lagged export indicator from the regression of the Markov
process, all deflated by p°. As a result, for our estimation procedure, knowledge of just the do-
mestic elasticity of demand is sufficient to estimate factor output elasticities, returns to scale, and
elasticities of productivity to observables, such as learning-by-exporting.

Since the second step uses estimated objects from the first step, we bootstrap the entire two-
step procedure to compute standard errors. The bootstrap procedure samples firms rather than

individual observations, which is akin to clustering standard errors by firm.

4 Existing Estimators

In this section we present existing approaches to estimating production functions when output is
denominated in value, and discuss the biases that arise from ignoring the multi-destination dimen-

sion. See Appendix [E] for further details.

Multi-destination estimator with constant returns to flexible inputs. Previous works in the
international trade literature exploit the ratio of revenues to total variable costs in order to identify
the elasticity of demand (Aw et al.[2011, Almunia et al.|2021)). This is a valid approach only when
the output elasticity to variable inputs is equal to 1 (i.e., constant marginal costs). We can derive
the estimating equations for this strategy by imposing this restriction in our model.

To illustrate this, consider Aw et al.|(2011) as a special case of our framework. Starting from the

37Specifically, assuming a second degree polynomial function for both the first step and the second step yields

R N N ~ 1 ~
of = (bk + 2bwik o+ bualpe + 88 mp + 285 m ik g+ 8y + 5 B mft) /P’
R N ~ ~ 1 ~
O']ét = (bl + 2b111f, + bklkf, +§?4mf, + 2§§‘l4mﬂlf, +g%kf,mf, + E?l'lmlmf,mﬂ> /pO
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model in Section if we impose: (i) constant returns to materials, GJ%I =1, (ii) no ex post demand
shocks, u‘/ﬁt =0 for all d, and (iii) a common demand curvature across foreign destinations, p? = p*

foralld =1,..., 2, then the factor-share equation (8)) simplifies to
WMMy, = p R}, +p R, (26)

where R)Ji.t =Y4co " R;’-t. Adding a regression error term, equation (26) can be estimated by OLS
to recover p° and p*, which is precisely what Aw et al.[(2011) do.

Identification of p® and p* relies critically on these restrictions. In particular, without constant
returns to materials, the function ﬁ}‘;’ (myy, L, kg ) enters multiplicatively on the right hand side of
(26)), implying that the demand elasticities are not identified. Moreover, if ex post demand shocks
are destination-specific, they enter each additive component separately, preventing the factoriza-
tion that underlies (26)) and rendering the equation infeasible to estimate using standard methods.
Finally, if destination-level foreign sales were observed, restriction (iii) could be relaxed; however,
given the maintained assumptions on data availability, it is required.

Next, to estimate returns to capital and learning-by-exporting, |Aw et al.| (2011) derive an ex-
pression for R(j)"t that depends only on Ky, @y, W,M , and the domestic demand shifter D?. This

yields

rKp0 —p° p° 0

B = (K)o W (00) 7 (explan) i (DPexp(el)) L @)
where 7X represents the returns to capital. This expression can be used to identify X and learning-
by-exporting via GMM, exploiting the AR(1) structure of productivity.

The key to identification in is again the assumption of constant returns to materials, together
with Cobb-Douglas production function, which allows materials to drop out of the expression (see
Appendix [E.4).

Taken together, this shows that the estimation strategy in Aw et al.| (201 1)—estimating
followed by (27)—is a special case of our multi-destination estimator under restrictions (i)—(iii).
When these restrictions are violated we would not expect this procedure to deliver consistent esti-

mates. Nevertheless, we implement this estimator in Monte Carlo experiments and in the French
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data to assess its performance as an approximation to our more general data-generating process.

Factor share method with no demand correction. When estimating production function pa-
rameters with data denominated in value, researchers typically deflate firm-level revenues by the
domestic price deflator and treat the resulting series as if they were quantities. Given our model,
this would convert firm-level revenues into firm-level quantities only if firms serve only the do-
mestic market, where they face perfect competition p® = 1. In this case, the conditions discussed
in the main text of (Gandhi et al.| (2020)) would be met, and thus their factor shares estimator could
be applied. By contrast, when goods are not perfect substitutes (p” < 1), or when firms sell to
multiple markets, deflating revenues by the domestic price index and implementing the estimation
procedure from |Gandhi et al.[(2020) will bias the estimator.

The factor shares estimator from Gandhi et al.| (2020) follows two steps. The first step proceeds
exactly as we describe in section except that the entire sample of firms is used to estimate
the factor share equation. In the second step, the contribution from materials and the residual
are computed exactly as described in section [3.2] Both terms are subtracted off from deflated
revenues, and the resulting value, ??ZOD (indexed by NoD for “no demand correction”), is projected

on polynomial functions of the quasi-fixed inputs

WO = 0Pl b Pk + B Pl g b kg + B ek + VD, (28)

where V%OD collects all unobserved shocks. For a candidate vector of parameters, the structural
residual é}iOD can be computed, moments evaluated, and parameters chosen to minimize the usual

GMM objective function. Compared with the moments described in (23], only the moment com-

bining the structural residual with ln[RS)c.t_2 /(R fjt_ziﬁ,_z)] is omitted. See Appendix [E.1|for dis-

cussion of bias in this estimator.

Factor share method with a single-market correction. The few papers that explicitly address
the value-versus-quantity distinction in the context of production function estimation typically
implement some versions of Klette & Griliches| (1996)’s procedure that controls for the domestic

aggregate CES quantity index (e.g., De Loecker |2011| and Grieco et al.|[2016). The factor share
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approach to this estimation follows from Appendix O6-4 in|Gandhi et al.| (2020).
The first step is exactly the same as in the no demand approach just above. The second step
also proceeds exactly as in the no demand approach, except that an additional regressor denoted

by InB?" is included on the right hand side of the deflated revenues equation:

W= 0L+ Mk 4 b Ll g+ B ke gk g+ B Lk g+ (1= p0) In By + vp€,(29)
where variables and parameters are indexed by SMC for “single-market correction”. Construction
of §SMC proceeds as in section accounting for the extra regressor, moment conditions are
constructed, and parameters chosen to minimize the objective function.

pProxy
B;

This additional regressor, , captures the aggregate domestic demand conditions. If firms

serve only one destination market—the domestic one—and if researchers could compute the empir-

proxy
Bt

ical price index and in a theory-consistent way (see Appendix for details), then we would

have B/ = B, /Y, where Yy captures the price index normalization. In this case, the constructed

gSMC gSMC

residual would be orthogonal to quasi-fixed inputs in period ¢ because

= €5 +pogy
at the true parameter values. Indeed, when all firms serve a single market, the ex post demand
shock uy; is identified by the factor share regression in the first step, and hence does not appear
in the second step. Moreover, the aggregate demand shifter InB’"*" is orthogonal to §SMC y
assumption. Hence, the parameter p° would be identified by time series variation in industry-wide
demand aggregates, and this estimation procedure would also identify all output elasticities.

When firms select endogenously into multiple destination markets, several sources of bias arise.
We discuss the bias in detail in Appendix
Control function versions of the standard approaches. The two preceding estimation models
could also be estimated by the control function method.

First, following the gross output control function estimator from |Gandhi et al.| (2020), we invert
the material demand function to substitute for the unobserved shocks to supply and demand. This

substitution generates the estimation equation

r](z’f = D(mp, Ly kp)+ 8+ 19]?,” (30)
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where ®(m;,lf;,kz:) is an unknown function that combines f (-) and the inverted material demand
function and ¢, is a time fixed effect that controls for material input prices. When controlling for
a single-market demand shifter, we simply include B/ in &®(-). We approximate ®(-) with a
second-degree polynomial function, estimate by OLS, and extract the residual 5]€F .

Next, we subtract @J,CZF from deflated revenues. In the case that the demand-side correction is

ignored we obtain
;_%F_NOD:f(mfzalftkat)‘i‘vfz- (31)
For the case in which a single-market demand correction is employed we obtain

FESME = pO f(mys L kpe) + (1= p°) InBY™ + v, (32)

where vy, collects unobserved shocks to supply and demand. We adopt a complete polynomial
function of degree 2 to approximate f(-) and assume that v, follows an AR(1) process. For any
candidate vector of parameters, we can compute Vft, then regress Vf, on ka 1 and ef; 1 (the

F

indicator for exporting) and compute the residual Efct . We build moment conditions by multiply-

ing gﬁF by the levels of all quasi-fixed inputs, lags of flexible inputs, along with the appropriate

interaction and square terms, as well as In B

in the case of the single-market correction model.
We then minimize the objective function to estimate parameters.

Beyond the model misspecification issues mentioned above, these control function approaches
are unlikely to generate consistent estimates of model parameters because of weak instruments

(Gandhi et al., 2020) and multiplicity of solutions to the GMM optimization |Ackerberg et al.

(2023). See Appendix for further details.

Estimator with multiple aggregate quantity indices. Finally, |De Loecker| (2011) provides an
alternative extension of Klette & Griliches| (1996))’s model and (similarly to us) proposes an es-
timation strategy for the case in which outputs are observed only in value. There is just a single
destination (Europe) and a single industry (Textile & Apparel) in De Loecker| (2011)), but there are
multiple product markets (e.g., yarns, clothing, interior fabrics, etc.)—which De Loecker (2011)

calls “segments”—so the model has a similar structure to the multi-destination model we propose.
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Hence, modulo some adjustments to translate the multi-segment dimension into a multi-destination
dimension, and some additional restrictions on the production function and the demand shocks, we
could also use the approach from |De Loecker| (2011) to estimate returns to scale, curvature of
demand, and LBE in our setting. See Appendix for details.

However, there are two significant advantages to the procedure we propose. First, to implement
De Loecker (2011)’s procedure, we would need to build analogues to the aggregate CES quantity
indices on all destination markets. This would require computing theory-consistent price indices
for every industry-destination cell in the world, which is, to our knowledge, not possible with cur-
rently available data. Second, when firms serve multiple markets, the estimation equation from
De Loecker (2011) only holds as a first-order approximation. If higher order terms of this approx-
imation are important in this nonlinear setting, then the values estimated by this procedure may be

far from the truth, even if the data generating process coincides with the structural model.

5 Monte Carlo simulations

In this section, we study the finite sample properties of the multi-destination estimator presented
in Section [3} and the alternative estimators presented in Section 4| using Monte Carlo simulations.
We use the multi-destination model from Section [2]as the data generating process.

The parameters of the Monte Carlo simulations are chosen to balance two objectives. First, we
draw on parameter values used in prior Monte Carlo studies (Grieco et al., [2016; |Gandhi et al.,
2020) for comparability and to ensure plausibility of the economic environment. Second, we
calibrate key parameters governing demand and trade frictions to generate sufficient (yet plausible)
variation in firms’ export behavior. This variation is central for identification, as both the domestic

demand curvature and LBE effects are pinned down by variation across firms and over time.

5.1 Data Generating Process and Estimators

For these experiments, we impose that firms produce with a Cobb-Douglas production function

with one flexible input, materials (M), and one quasi-fixed input, capital (K):

071 = exp (wy) MY, K, (33)
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with YY = 0.8 and yX = 0.3. We draw initial capital stocks K 1~ U(1,201), initial productivity
shocks @y ~ N(0,0.0025), and initial ex ante demand shocks 6}11 ~ N(0,0.0025). We let @ and
ex ante demand shocks for the domestic market (d = 0) update according to an AR(1) process
with persistence parameter 4 = 0.8 and where the innovations follow a normal distribution: @g; ~
N(0,0.0025) and EJQI ~ N(0,0.0025). Foreign ex ante demand shocks are unconstrained in their
evolution. We draw ex post demand shocks using uj{t ~ N(0,0.0025). We set p” = 0.8 and all
foreign p? = 0.6 for d # 0.

We simulate 500 samples of a single industry with 200 firms over 10 periods. In order to keep
the computational burden manageable, we allow for only four destination markets. Destination-
specific industry-wide expenditures, material input prices, and fixed costs of entry into foreign
markets are calibrated to ensure plausible rates of export revenues shares. Foreign destination
quantity indices are treated as exogenous objects and are drawn directly each period, consistent
with the assumption that firms take these foreign demand conditions as given. Absent any fixed
costs to serve the domestic market, all firms serve that market.

Taking expectations over the ex post demand shocks ujf-,, firms evaluate the expected profitabil-
ity of all feasible export strategies conditional on conjectures about destination-specific quan-
tity indices B?.>® Conditional on the optimal export strategy, firms choose material inputs and
destination-specific quantity allocations to maximize expected profits under monopolistic competi-
tion, according to (6). After firms solve their optimization problems, domestic sales are aggregated
across firms and the domestic quantity index is updated to satisfy the CES adding-up constraint.>
Finally, given u;{l draws, we compute optimal prices and revenues.

We simulate the model period by period. In the first period, we solve for the set of destinations

that maximizes expected profits for each firm. From these values, we determine which firms are

3For foreign destinations, firms correctly treat the quantity indices as fixed and equal to their equilibrium values.
For the domestic market, however, firms form conjectures about the domestic quantity index when choosing export
participation and production plans—conjectures that turn out to be incorrect, since the domestic quantity index will be
solved in equilibrium by combining all quantities sold by operating firms in a CES form.

3This procedure defines a fixed-point problem. Following the update to the domestic quantity index, firms re-
compute optimal quantities conditional on the revised domestic market conditions, and the algorithm iterates until
convergence of firm-level quantities and the domestic quantity index. See Appendix @ for more details.
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active on the export market. We then update firm productivity for period 2, which includes the
LBE effect, setting u = 0.05. We also update the capital stock using a fixed investment rule,
which corresponds to ljft =exp[0.8x (p* Of + 8%)][(%2, and a depreciation rate of 10 percent.*
Given @y, and Ky, we then solve the combinatorial problem for each firm in period 2. We again
determine which firms are active on the export market in period 2, and update firm productivity
accordingly. We continue in this fashion until the final period.

For each simulated sample, we implement (1) our multi-destination factor shares procedure
denoted “BOR”, along with procedures for (2) the estimator from Aw et al. (2011) that imposes
constant returns to variable inputs (denoted “ARX”), (3) the estimator from De Loecker (2011)
(denoted by “DL”) that allows for different CES parameters on different markets, (4) both factor
shares and control function versions of the standard practice of deflating firm-level revenues by
industry-wide price indices and ignoring demand-side corrections (denoted by “NoD”), and (5)
both factor shares and control function versions of the estimator that controls for aggregate sales

in the domestic market as in Klette & Griliches (1996) (denoted by “SMC”).41 In each case, we

assume researchers observe Ry, My;, Ky, WtM , B;, T; and domestic revenue shares R?p[ /R -

5.2 Results

Table [I] reports the median and standard deviation of parameter estimates across 500 simulated
data samples by estimator.*> The first row of the table reports the true value of the parameters
across all samples. The second row presents the results from our multi-destination factor shares
BOR procedure. Subsequent rows present results from alternative estimators, grouped by whether
they rely on factor shares or control function approaches.

As expected, we find in the second row that our BOR procedure recovers median estimates of

40This investment rule is similar to the rule used to generate simulation data in |Grieco et al.| (2016). We could
alternatively solve for investment as the solution to a dynamic problem, but this would not change anything about the
first order necessary conditions with respect to materials and quantity shares, which are the only conditions we need
to generate our estimation equation.

41For these estimators, we use a common practitioners’ approach to choosing initial conditions for the nonlinear
optimizations based on OLS. See Appendix [F'T.5]

#2Results using average values instead of medians are qualitatively similar, though some extreme outliers can pro-
duce non-trivial deviations in the average values from medians, so we focus on medians. Estimators using the control
function approach suffer the most from this issue.
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population parameters that are very close to the true underlying model parameters used to simu-
late the data. Median estimates for all parameter estimates are within 2 percentage points of the
true parameter values, and standard deviations of the distribution of estimates are relatively tight.
Investigating the distributions visually (see Appendix Figure reveals that the distributions
are approximately centered on the true parameter values. Our multi-destination estimator hence
performs well even in relatively small samples.

In contrast, we find that all other estimators are biased. In the third row of Table |1, we present
results from the estimator of |/Aw et al.| (2011), which imposes constant returns to variable inputs
(o™ = 1) and sets uj’cl = (0. Both restrictions are inconsistent with the assumed DGP, so it is
unsurprising that this estimator fails to recover the model parameters. Indeed, we find that the
median estimates of 6%, p°, and p are 160% higher, 21% lower, and 414% higher than the true
underlying values, respectively. For each parameter, almost the entire distribution of estimates
lies to one side of the true value (see Appendix Figure [G.2). Having omitted materials from the
second-step GMM estimation, the effect of materials loads onto the estimated revenue elasticity
of capital, leading to the reported overestimate. Additionally, underestimating p° further inflates
the estimated capital elasticity, as well as the estimate on LBE. These results indicate that the
procedure from Aw et al.[|(2011) could lead to severely biased estimates when returns to variable
inputs are non-constant, or when there are ex post demand shocks.

In rows 4 and 5 we report the results from the factor shares versions of the single-market demand
correction estimator (SMC) and the no-demand-correction estimator (NoD), respectively. Given
that firms can potentially serve multiple destination markets, these procedures are biased and yield
inaccurate estimates.

The SMC estimator adapted to the factor shares approach tends to overestimate p° (by 4% for
the median estimate), and thus underestimate both returns to materials and capital (by 15% and
82%, respectively). The learning by exporting effect is also underestimated with this procedure,
with a median estimate 34% lower than the true value. By allowing p® # 1, the SMC factor

shares estimator gets closer to the true parameter values than the NoD factor shares estimator
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(except for the capital elasticity). But by ignoring the multi-destination dimension of the problem,
transmission bias leads to an underestimate of po, which leads to overestimates of factor returns.

The NoD estimator tends to underestimate the median returns to materials by 29% and capital
by 82%. This underestimation is in part due to the fact that the NoD implicitly imposes p® = 1, and
thus, neglects to deflate parameter values (while the true value of p? is less than 1). The learning
by exporting effect is also underestimated with this procedure, with a median estimate 42% lower
than the true value.

In the lower panel of Table [I|we present estimates from three different versions of control func-
tion estimators. The first control function estimator (DL) is the procedure adapted from |De Loecker
(2011)) for multiple destinations and presented in Appendix Section [E.5] Even though we assume
that quantity indices B%s can be computed from the data and that destination-specific revenue
shares are observed (which is typically not the case in the data), the 6th row of Table [I|shows that
this procedure is biased. The median estimates for 6 and p" are biased up by 25% and 43% re-
spectively. The median estimates for 6X and u are biased downwards and have the opposite signs
from the true values. For each parameter, the distribution of estimated coefficients is centered well
away from the true values (see Appendix Figure[G.3)). Furthermore, in several replications, the es-
timated parameters are orders of magnitude away from the true values, generating extremely large
standard deviations. Extreme outliers arise when the estimate of p® approaches zero because all
other parameters are deflated by p°.

In rows 7 and 8 of Table [I] we present results from control function versions of the single-
market demand correction (SMC) and the no-demand-correction (NoD) estimators, respectively.
With a DGP in which firms charge different prices and can potentially serve multiple destination
markets, these procedures are biased, and indeed the estimates are off the mark. For the SMC
estimator the median estimate of p° is 40% higher than the true value. Median returns to materials
are overestimated by 20%, and returns to capital and the LBE effect are underestimated. Median

estimates for the NoD estimator look quite similar to those from the SMC.*3

In Appendix we explore further the performance of the control function. |Gandhi et al.| (2020) show, in a
single-market homogeneous-good model, that substantial time series variation in material input prices is required for
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As robustness exercises, we consider two adversarial data-generating processes in which firms
(i) compete strategically in quantities (Cournot) on the domestic market, or (ii) face non-CES de-
mand (Kimball, |1995) on the domestic market. Export markets, however, continue to operate under
monopolistic competition and foreign quantity indices remain exogenous from the perspective of
domestic firms. These exercises are intentionally demanding for the proposed estimator. The multi-
destination estimator developed in Section [3]is derived under monopolistic competition and CES
demand, where firms treat destination-level quantity indices as fixed scalars. Under Nash compe-
tition or Kimball demand, however, the first-order conditions and equilibrium mapping differ from
the maintained assumptions of the estimator. Therefore, these experiments provide stress tests for
departures from the assumptions under which the BOR estimator is derived. See Appendices[F.1.3|
and [E1.4] for details.

The results of these adversarial tests are reported in Appendix Tables|G.1] [G.2]and [G.3| Despite

the departure from monopolistic competition (Appendix Tables|[G.THG.2|for 200 firms and 40 firms,
respectively) or CES demand (Appendix Table for Kimball demand), the multi-destination
estimator continues to perform very well and substantially outperforms the alternative estimators.
The main qualitative patterns from the baseline simulations remain unchanged: estimators that
ignore the multi-destination structure continue to exhibit large biases in estimated returns to scale,
demand elasticities, and learning-by-exporting effects.

The strong performance of the estimator in these environments is perhaps not surprising. Al-
though firm-level elasticities depend on market share in these two experiments, even for relatively
small industries, individual firms remain sufficiently small relative to the aggregate market that

d.44

their influence on the domestic quantity index and equilibrium prices is limite As a result,

monopolistic competition and CES remains a good approximation to firms’ equilibrium behavior,

the control function to recover the true values of the output elasticities. We replicate this result in Appendix [F.2]
using a single-market differentiated-good model. Additionally, we show that this result holds only if the nonlinear
optimization in the second stage starts from the frue underlying structural parameters. If the latter condition does
not hold and the nonlinear optimization starts from the OLS values—as would be the natural initial conditions when
estimating in the real data—the estimator is biased, as we can see in Appendix [F.2]

4For the oligopolistic DGP, even when we drop the number of firms to 40 (Appendix Table , the multi-market
estimator generates small errors, on average.
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even though the true data-generating process features Cournot competition or Kimball demand.*

In summary, given the assumed data generating process and available data, our multi-destination
factor shares BOR estimator recovers estimates of the output elasticities, the curvature of the do-
mestic demand function, and LBE that are close to the true values in the Monte Carlo experiments.

Alternative estimators can be severely biased, leading to incorrect inference.

6 Application to French manufacturing

In this section we describe our data sources, report descriptive statistics, and then report estimates
of returns to scale, the elasticity of demand, the output elasticities of inputs, and learning-by-
exporting effects for French manufacturing firms. We report results for our multi-market estimator,
the estimator from |Aw et al. (2011) that imposes constant returns to variable inputs, the single-
market correction estimator, and the standard estimator that makes no correction for demand—all
based on the factor share approach. For the main results we assume that labor is predetermined
in the previous period, like capital, and, as a robustness check, we report additional results that
assume a partial adjustment process for labor in Appendix We also report results using the
control function method in Appendix The latter are just for comparison, as we expect this

estimator to be biased, as demonstrated in the previous section.

6.1 Data and descriptive statistics

We use administrative data sources to build a quasi-exhaustive panel of the universe of French man-
ufacturing firms in 1994-2016. Most of the data comes from firm balance sheets from the FICUS
and FARE datasets, which originate in firms’ tax declarations. We use total revenues, material
expenditures, employment, and book-value of capital stocks. We obtain information on firms’ ex-
ports from the French Customs. It is straightforward to merge the customs data to FICUS/FARE
because they use the same firm-level SIREN identifier. We deflate expenditures on materials by

industry-level input price indices that we obtain from the EU KLEMS dataset. We build firm-level

4Barrows et al.|(2025) and Head & Mayer| (2026) similarly evaluate estimators derived under monopolistic compe-
tition in environments where firms actually compete oligopolistically, and likewise find that monopolistic-competition-
based estimators perform comparatively well.
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capital stocks using the methodology of Bonleu et al. (2013) and [Cette et al.| (2015). Appendix
provides further details on the data sets and explains how we construct firm-level capital stocks.

We report descriptive statistics in Appendix Table The skewed firm size distribution is ap-
parent from the difference between means and medians, for example, in revenue and employment.
This feature is common in many manufacturing datasets. The high percentages of exporting firms
is typical of European economies, who trade intensively within Europe. On average, 25.1% of
firms in our data export at least once, but this varies considerably across industries, with a low of
6.7% in “Food, beverage, tobacco”, and a high of 71.1% in “Chemical products”.

In Appendix Table |[H.2| we report descriptive statistics for the export intensity among firms that
export. Within exporting firms, the export share also varies considerably, both across industries and
across firms within industries. While the median exporter obtains 4.3% of revenue from exporting,
the 90" percentile firm obtains almost 40% of revenue from foreign markets.

Tables [H.T|and make two important points. First, the fact that many firms export in addition
to serving the domestic market implies that estimation methods that assume that all sales are on
a single, domestic market ignore important information. In particular, controlling for just the
domestic aggregate quantity index does not control for aggregate demand conditions faced by
exporting firms. Second, variation in the extensive exporting margin and the high variation in
export intensity among exporting firms jointly indicate that there is sufficient variation to identify

Yin our setting, coming from both the cross section of firms and firm-level changes over time.

P

This is in contrast to methods that assume only one market, where only time series variation in an

aggregate demand shifter identifies the demand curvature.

6.2 Main results

We present our main results graphically in Figures [I] and [2] which facilitates comparison of es-
timated parameters across estimators. The figures show estimated total returns to scale, variable
returns to scale, the domestic price elasticity of demand, and the learning by exporting parameter.
The corresponding detailed estimates are provided in Appendix Tables [J.IHJ.5] where we also re-

port the persistence parameter /, the demand curvature parameter p°, and the long run effect of
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exporting it /(1 — h), as well as bootstrapped standard errors for all estimates.*®

Total Returns to Scale. We present estimates of total returns to scale (RTS) in the top left panels
of Figures[IJand 2] Our multi-market estimator, denoted “BOR” (depicted by blue circles) yields
estimated total returns to scale that range from 1.05 (Electrical equipment) to 1.24 (Wood, paper
products), and for one industry up to 1.35 (Food, beverage, tobacco). Bars represent 95% boot-
strapped confidence intervals. The mean (median) estimate across the 11 industries is 1.15 (1.13),
which is in line with estimates in |/Antweiler & Trefler| (2002).

In contrast, the estimator that makes no demand correction, depicted in Figure [T] with red tri-
angles, yields estimated total returns to scale slightly below 1 for most industries. The mean and
median of the industry-specific average returns to scale are both equal to 0.96, with tight confi-
dence intervals. These estimates are close to what researchers tend to find with this approach. For
example, after deflating revenues by industry-wide price indices and interpreting them as quanti-
ties, |(Gandhi et al. (2020) find in their factor shares approach average returns to scale in Colombia
between 0.99 and 1.06, and between 1.04 and 1.15 for Chile. Comparing these estimates with
the ones obtained with the BOR estimator indicates that the constant returns to scale estimated
by the no demand correction model masks returns that are actually increasing (in our notation,
G}Vt[ + GfL-t + G}‘t > 1), as hypothesized by [Klette & Griliches| (1996).%” The reason is simple: es-
timators that fail to adjust for the demand curvature report “revenue elasticities” that are, in our
notation, a factor 1/p® smaller than output elasticities.

Next, in Figure[2] we compare our BOR estimates (blue circles) with the single market correction
(black squares) and the multi-market estimator with constant returns to variable inputs (orange

crosses). Because the scale of the y-axis must be expanded to accommodate the larger magnitude

46While we treat labor as a quasi-fixed input in our main specification, which is often assumed in the French context
(Harrigan et al.l 2026), we investigate the sensitivity of the results to the possibility that firms partially adjust labor to
contemporaneous shocks. Appendix |J.2{ shows that this does not materially alter the main results.

4IKlette & Griliches| (1996) argue that ignoring unobserved firm-specific prices would tend to lead to a downward
bias in estimated returns to scale, ceteris paribus. As we discuss in section E], there are, in fact, several forces that
bias the estimator with no demand correction, and the overall sign cannot be determined in general. Nevertheless, the
evidence in the upper left panel of Figure[I]is consistent with the central hypothesis from [Klette & Griliches| (1996).
For comparison, estimates of average returns to scale using the control function approach with no demand correction
are all close to 1 (except for Wood), with very low estimates of the capital output elasticity; see Appendix
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of the estimates from these two alternatives, we split the presentation of the results into two figures.

If the true DGP corresponds to the multi-destination model from Section 2] the SMC estimator
only partially addresses the transmission bias from missing output prices. As shown in the top left
panel of Figure[2] the single-market correction estimator delivers highly dispersed estimates across
industries. We find that the average returns to scale range from -3 (Rubbers and plastics) to 7.3
(Chemicals, omitted from the figure to ease visibility of other results). We find only three indus-
tries with plausible estimates for returns to scale: Auto and transportation (1.09), Communication
electronics (1.29), and Electrical equipment (1.34).48

The large range of estimates for returns to scale can be explained by the range of estimates of
po, which are used to “deflate” the revenue elasticities. With the SMC estimator, we estimate a
range for p° from -0.61 to 1.49 across industries. When p? is estimated to be close to zero, then the
returns to scale become very large in absolute value, as they do for Chemicals. When the estimate
of p? is negative, this leads to negative estimates of returns to scale (Rubbers and plastics and Other
manufacturing). These extreme estimates of p” are not merely due to estimation uncertainty; the
estimates are quite precise (see Appendix Table [J.3|for bootstrapped standard errors).

The wide range of SMC estimates of returns to scale is notable because we find a much smaller
range of estimated returns to scale in the Monte Carlo experiments when using this estimator.
A likely explanation for the difference is that in the Monte Carlo simulations we assume the re-
searcher observes the true domestic quantity index BY. In the application, we follow the common
practice to approximate BY using all of the firms’ revenues (not distinguishing exports and domestic
sales, nor adding imports) and use price indices built from producer prices in the domestic market
(as discussed in Appendix [E.2). These discrepancies highlight an additional, practical advantage
for our multi-market estimator: it does not require making such data compromises, as it does not

require building BY, nor does it require to deflate firm revenues.*’

“8The high and low estimates of average returns to scale is not just a matter of outlier observations. Medians within
the industry are very close to the means.

4 Given the theoretical drawbacks of applying the SMC estimator to a sample of multi-destination firms, a natural
alternative would be to estimate the factor shares approach with a single-market correction for a set of non-exporters.
By conditioning on non-exporters, the endogeneity bias stemming from multiple destinations cannot influence the
estimates. However, in this case, measurement error in B”"*" and selection bias would still lead to biased estimates,
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Figure [2| also shows that estimates of returns to scale using the estimator of |Aw et al.| (2011)
(orange x’s) are implausibly high, ranging from 2.27 to 4.21. This is driven not only by the output
elasticity for materials, which is fixed to unity by construction, but also by the output elasticity of
predetermined labor being estimated above 1 for all industries but one (see Appendix Table|J.5).

In our preferred specification (BOR, blue circles) average returns to scale are greater than 1 for
all industries. This indicates that there are efficiency gains from size embedded in the technology
used by firms, regardless of how total factor productivity evolves. We estimate increasing returns to
scale in virtually all firm-year observations, not just on average (see Appendix Figure .50 From
a welfare perspective, increasing returns imply a cost to diversification that weighs against love of
variety, as hypothesized by Krugman| (1979). In addition, increasing returns imply larger business

cycle fluctuations, and may provide a rationale for targeted interventions during downturns.

Returns to flexible inputs. In our main specification, only materials are treated as flexible inputs,
hence the variable returns to scale (VRTS) are just the output elasticity with respect to materials.
The top right panel of Figure [I| reports the average VRTS by industry and by estimator. The mean
(median) of the average estimates across industries is 0.34 (0.35) with our multi-market estimator
and 0.30 (0.30) with the no demand correction estimator. Both estimators share the same first
step. But the first step without demand correction identifies the revenue elasticity with respect to
materials, which must be divided by p° to recover the output elasticity—as the BOR multi-market
correction does. Since p” < 1 in our estimates, the implied output elasticity of materials is larger
under our BOR approach.

Returns to flexible inputs well below 1 imply negative cross-market complementarities in the
short-to-medium run. For example, a positive demand shock in one market leads to more sales

to that market, an increase in marginal costs, lower sales to other markets and a reduction in the

as discussed in Appendix Nevertheless, for comparison, we present results from this strategy in Appendix Table
The estimates are very similar to those obtained when the single-market correction is applied to the full sample,
including exporters (Appendix Table .

30Several mechanisms could explain this phenomenon. The simplest explanation for increasing returns to scale is
the presence of fixed costs of operation. Alternatively, complementarities within the firm could generate increasing
returns at any point along the firm-size distribution. For example, externalities across workers could lead to increasing
returns (e.g., learning by doing), as in, for example |[Kellogg|(2011) and Hjort (2014).
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likelihood of selling to other markets. This is consistent with findings in /Almunia et al.| (2021),
who argue that the massive negative domestic demand shock in Spain during the financial crisis
caused an increase in exporting, presumably due to a reduction in scale and in marginal costs.”!
The top right panel of Figure [2|reports the implicit variable returns to scale from the estimator of
Aw et al.| (2011) (with o™ = 1) and the estimated VRTS from the single-market correction method.
While the former is likely too high, the latter approximately coincides with our BOR estimates for 6
industries out of 11, with implausibly large or even negative estimates in the remaining industries.
The SMC estimates range from -0.83 (Rubber and plastic) to 2.54 (Chemical products, omitted
from the Figure), with an average and median around 0.45. As noted above, this wide variation is

mostly due to variation in the estimates of p°.

Elasticity of Demand. In the bottom left panel of Figures [1| and |2, we report estimates of the
domestic price elasticity of demand n° = 1/(p® — 1). With our multi-market estimator, we estimate
a range of demand elasticities from -19.42 (Chemicals) to -3.56 (Food, beverage and tobacco),
with no outlier estimates. The mean (median) estimate across industries is -9.9 (-5.8), which
is comparable to the mean and median estimates typically obtained in gravity regressions (e.g.,
Shapiro|2016; Fontagné et al.|[2022).5> As p° approaches 1 (e.g., in electrical equipment), standard
errors for n° become extremely large, making it more informative to examine the standard errors
for p°. The bootstrapped confidence intervals for p® are narrow, and we can reject p® = 1 in all
industries, supporting our key assumption that manufacturing products are differentiated.>

We compare these BOR estimates with the ones resulting from the SMC estimator and the
estimator with constant returns to variable inputs in Figure 2] With the SMC estimator, most of the
demand elasticities fall within the range -4.23 to -0.62, which is significantly lower in magnitude

than our BOR estimates. Additionally, with the single market correction, we estimate a positive

SlAlmunia et al.| (2021) perform production function and productivity estimation, but when developing their esti-
mator they ignore cross-market complementarities. We explain how their estimator differs fundamentally from ours in
Appendix [E.6]

S2For example, using data on trade flows and trade costs, [Shapiro|(2016) estimates an average trade elasticity across
industries of -8.16, which translates into a price elasticity of demand of -9.16. This estimate can be interpreted as the
demand elasticity under the assumption of an Armington trade model.

3 Bootstrapped standard errors are reported in Appendix Table
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demand elasticity for Textile and Apparel ( = 2.03), and a very high (in magnitude) demand
elasticity for Autos and transport equipment (-29.8).

The demand elasticities obtained using |Aw et al. (2011)’s approach (constant VRTS) are all
much smaller in absolute value than those estimated with BOR. The domestic demand elasticities
range from -1.37 to -3.89, while the demand elasticities on foreign markets (n* = 1/(p* — 1))
range from -1.68 to -2.57, both with a median of about -2 (see Appendix Table [J.5). Both these

ranges are much lower in magnitude than what is typically found in the literature.>*

Learning by Exporting. Finally, in the bottom right panels of Figures [I] and 2] we report es-
timates of LBE effects by industry and estimator. With our multi-market estimator, we estimate
LBE effects in the range of -0.005 (Food, beverage and tobacco) to 0.040 (Textile and apparel).
We can reject the null hypothesis of zero LBE for all but two industries with very low estimated
LBE effects (Food, beverage and tobacco; Rubbers and plastics). The average (median) estimate
of LBE across all eleven industries is 0.017 (0.018). These estimates are lower than the estimates
with the no demand correction estimator (average = 0.04 and median = 0.038), the SMC estimator
(average = 0.035 and median = 0.030), and the estimator with constant VRTS (average = 0.067
and median = 0.035, with Food, beverage, tobacco an outlier at 0.34). The comparison suggests
that estimated LBE effects are biased upward in the other estimators, possibly because at least the
NoD and the SMC estimators mistakenly attribute the effect of foreign demand shocks to LBE.
Overall, we find robust evidence of significant LBE effects in French manufacturing data. Esti-
mates using our multi-market procedure imply as much as 40% long run cross-sectional differences
in productivity between exporters and non-exporters (Appendix Table last column).>> Com-
pared to previous work, these effects are smaller than those estimated via RCT with Egyptian firms
(Atkin et al., |2017) and via structural approaches with Chilean, Colombian, and Mexican firms,

e.g., (Garcia-Marin & Voigtlander, 2019), but larger than estimates from Danish firms using a

>4Estimates of the demand elasticity using the control function approach with no demand correction or the single
market correction are very noisy; see Appendix

35The long run, cross-sectional difference is computed as it/(1 — h), where g is the effect of exporting today on
productivity tomorrow and /4 is the persistence parameter in the AR(1) process for productivity.
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quasi-natural experiment (Buus et al., 2022).%6

6.3 Partial Equilibrium Quantification

To illustrate how differences in estimated parameters translate into economically meaningful out-
comes, we perform two partial equilibrium quantification exercises under hypothetical shocks.
These experiments aggregate over estimated firm-level responses for the year 2015. We outline
these experiments here and relegate all derivations to Appendix [T

In the first exercise we consider the effects of a 10 percent increase in variable trade costs ¢
to serve destination d = U.S. on firm-destination exports. This exercise approximates a realistic
open-economy environment in which firms serve multiple destinations—a natural setting in which
to gauge the performance of the multi-market estimator. In this setting, we must take caution when
comparing results using the multi-destination estimators (BOR or the constant VRTS) to those
using the single-market correction (SMC). The reason is that the SMC estimator is derived from
economic structure that is inconsistent with the underlying experiment of changes in trade barriers
towards a specific market. Nevertheless, we use the point estimates from the SMC estimator to
quantify the experiment, which is embedded in a multi-market model.>’

For this reason, we consider a second quantification exercise where variable trade costs increase
across all markets symmetrically, rather than a single market. For homogeneous 1) across mar-
kets, this exercise is equivalent to a change in production costs in a single-market model. While
this environment is less realistic economically, it provides a common benchmark for comparing
estimators because the underlying economic structure is common across specifications.

In both exercises, we keep labor, capital, and export strategy fixed, allowing only variable inputs

56The other notable comparisons in the literature is |De Loecker| (2013)), who estimates LBE effects in the range
of 0.017 to 0.066 across Slovenian manufacturing industries. Since De Loecker| (2013)) does not correct for demand
conditions, these estimates are best compared to the results from our no-demand-correction estimator, which we find
in a similar range of 0.016 to 0.092.

7In the single-market environment, changing 7; changes trade costs for the firm’s entire single market rather than for
a single destination. Consequently, an identical change in trade costs represents a substantially larger and qualitatively
different shock in the SMC framework than in the multi-market model. For this exercise, we nevertheless substitute
the SMC estimates of G% and 7 into the elasticity formulas derived in Appendix [l in order to evaluate the implied
counterfactual responses under the single-market approximation. The single tariff experiment is not well-defined under
perfect competition (the DGP consistent with maintained assumptions of the NoD estimator)—so we omit it from this
exercise. Under perfect competition, firms sell to the market offering the highest net-of-trade-cost price. If the U.S.
raised tariffs, French exporters to the U.S. would reallocate all sales away from the U.S. and toward other markets.
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(i.e., materials) and exports (or total sales) to adjust to the shock. In all cases we use a single
demand elasticity per industry, although we derive the expressions for heterogeneous elasticities
across destinations for the multi-market model (see Appendix [I)).

Figure in Appendix [I| reports the implied effects of the two counterfactual tariff shocks.
In the U.S. tariff experiment, our BOR estimator generally predicts substantially larger declines in
exports to the U.S. than the constant-VRTS estimator (44% on average for the BOR, vs 11% for the
constant-VRTS estimator). The SMC estimator predicts small negative responses for 6 industries,
very large responses for one industry (Autos and transport equipments), and positive responses for
one industry (Textiles and apparel). With the SMC estimator, the responses are not defined for
three industries (1); > —1) . Taking the average of the industry-by-industry comparisons, the BOR
estimator implies 5 times larger effects of the U.S. tariff increase than the constant-VRTS, and 8
times larger than the SMC estimator.

In the global tariff experiment, the BOR estimator predicts larger declines in firm-level revenues
(11% on average) than either the SMC (5% on average) or the constant-VRTS estimator (7%
on average). Again, the responses are not defined for the SMC for three industries. Taking the
average of the industry-by-industry comparisons, the BOR estimator implies 86% larger effects of

the global tariff increase than the constant-VRTS, and 140% larger than the SMC estimator.

7 Conclusion

Production function estimation is central to many economic analyses, yet the conditions assumed in
theory rarely match those faced by applied researchers (De Loecker & Goldberg, [2014; |De Loecker
& Syverson, 2021)). In particular, most datasets report output only in values, not in quantities. In
addition, many firms serve multiple destination markets wherein they face heterogeneous demand
conditions, which is inconsistent with estimators that control for a single market demand shifter.
These discrepancies matter for estimation, even when researchers are not interested in exporting
or the effect of exporting per se.

In this paper, we show how to estimate output elasticities, the domestic price elasticity of de-

mand, the elasticity of productivity to observable determinants, and productivity itself when firms
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serve multiple destination markets and when outputs are denominated only in monetary terms. We
show that existing production function estimators that either do not address the missing price issue
or do so using restrictive assumptions (e.g., single market or constant returns to variable inputs)
yield biased inference in this case. By contrast, our estimator recovers estimates that are close to
the true parameters values in Monte Carlo simulations.

Our estimator is no more difficult to implement than existing methods and requires only one
additional piece of information: firms’ export shares. This novel source of firm-level variation
identifies the demand curvature faced by firms, and is advantageous compared to other methods
that rely solely on time-series variation in aggregate demand shifters. Moreover, we do not need to
construct measures of these aggregate demand shifters, which would be very demanding if required
for all destination-industry-years. Finally, our estimator does not rely on functional form assump-
tions for the production function, and although it assumes destination-industry-specific constant
elasticities of demand, it allows for firm-destination-year variation in prices and markups.

We estimate in the French data demand elasticities between -19.42 and -3.56, which are in a
range that is consistent with much of the literature. We estimate average returns to scale ranging
from 1.05 to 1.24 with one industry at 1.35, and average returns to flexible inputs uniformly below
1. The latter result implies cross-market complementarities: additional sales for a given market
raises the cost of serving all other markets in the short run. Alternative approaches yield estimates
that substantially deviate from our BOR estimates. These differences in estimated parameters
translate into substantially different evaluations of the effect of tariff increases.

Finally, our approach allows us to study the effect of learning by exporting on productivity using
an estimation framework that is consistent with heterogeneous firms’ export decisions and pricing
to market. We estimate learning-by-exporting effects ranging from 0 to 4% per year, which imply

cross-sectional differences in productivity between exporters and non-exporters up to 40%.
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Table 1: Monte Carlo Experiments

M

K

0

o o p u
True Value 0.8000 0.3000 0.8000 0.0500
Factor Shares
. . 0.7948 0.2916 0.8053 0.0483
Multi-Market Demand Correction (BOR) (0.0968) (0.4197) (0.0997) (0.0209)
. . 0.7788 0.6336 0.2570
Multi-Market, Constant Variable Returns to Scale (ARX) - (0.1034) (0.0026) (0.0362)
. . 0.6803 0.0559 0.8351 0.0333
Single Market Demand Correction (SMC) (14131) (0.8020) (02193) (0.1022)
. 0.5704 0.0523 0.0294
No Demand Correction (NoD) (0.0073)  (0.5696) - (0.0153)
Control Function
. . 1.1416 -0.0525 0.9986 -0.0040
Multi-Market Demand Correction (DL) (037) (0.09) (0.182) (0.005)
. . 0.9591 -0.0251 1.1211 0.0047
Single Market Demand Correction (CF-SMC) (0.24) (0.0731) (0.1789) (0.0078)
. 1.0850 -0.0308 0.0041
No Demand Correction (CF-NoD) (0.1079) (02647 ) (0.0109)

Notes: Table reports median and standard deviation of parameter estimates across 500 simulated data samples, by
estimator. Data generating process includes 4 destination markets, 200 firms, and 10 time periods. True parameter
values are reported in the first row. Additionally, all foreign p¢ = 0.6 for d # 0.
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Figure 1: Factor Share Estimates by Industry, BOR vs. No Demand Correction
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Notes. The figure reports factor share estimates of average Total Returns to Scale, Variable Returns to Scale, the Price
Elasticity of Demand on the domestic market n° =1/ (po — 1), and the LBE learning by exporting (LBE) parameter
U by industry and estimator. Bars represent 95% bootstrap confidence intervals. Detailed estimates are reported in

Tables El and @
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Figure 2: Factor Share Estimates by Industry, BOR vs. Alternative Estimators
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Notes. The figure reports factor share estimates of average Total Returns to Scale, Variable Returns to Scale, the Price
Elasticity of Demand on the domestic market n° =1/ (po — 1), and the LBE learning by exporting (LBE) parameter
U by industry and estimator. Confidence intervals have been suppressed for ease of viewing. Detailed estimates are
reported in Table [J.3] Results for Chemicals and Wood and Paper for Single Market Correction in top row have been
suppressed for ease of viewing.
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Online Appendix to

Production Function Estimation with Multi-Destination Firms

A Derivation of equation (12)
The FONCs w.r.t. quantity shares (I0) imply

0 vd
p" Xfi
RY, exp(—u%,) = M—J;R% exp(—ul,).
ft
Use this in the definition of Zy, and exploit };c0 P )(}lt =1- x}), to get
RY d R4
ft 0 P~y d
Zp = ——ex <—u )—I— — ——eX <—u-)
ft Ry, P\ > OR,, P\

which implies

Now use this in the equation for domestic revenues

0 p°
R?, = (th)p (X?,) D?exp(sjg-,)exp(u?-t)
0
0 RO P 1-p°
= (th)p (th];ft> D?exp(ej(c),) [exp(u(])ct)} )

which is equation (12)) in the text.




B Cournot competition with CES demand

In this appendix we characterize the model and estimation equations if firms compete a la Cournot
and demand is CES. We show how to derive similar estimation equations to the ones we present in
the main text and discuss estimation. There are two key differences with respect to the monopolistic
competition case.

First, there is an additional data requirement. We must observe the share of each firm’s sales in
the domestic market’s total absorption (for the given industry). If the sample of firms is exhaustive
(as is our case, using French administrative data), then building domestic absorption requires only
adding total imports of products that fall within the scope of the industry (e.g., using an HS6-to-
industry code crosswalk) to total firms’ domestic sales.

Second, we must assume away destination-specific demand shocks u?t. If revenues are affected
by ex post destination-specific demand shocks u?l, then we cannot estimate the model. The reason
is that these shocks interfere with the simple characterization of the firm-specific demand elasticity.
Therefore, we drop u?t demand shocks, which would make the estimation infeasible. Instead, we
introduce an unforeseen (by the firm) productivity shock uy;, as in, for example (Gandhi et al.
(2020).

The model yields an estimation strategy almost identical to what we present in the main text.
While we explain how to implement the estimator, we do not actually apply this estimator in
the data for two reasons. First, we believe that ex post demand shocks are much more impor-
tant source of uncertainty for firms versus unanticipated productivity shocks. Second, in our new
Monte-Carlo experiments with Cournot competition (discussed below) we find that our monopo-
listic competition-based estimator performs extremely well. This is because the main difference in
estimators is due to market shares, which are, in broad industries, never far from zero for the vast

majority of firms.

Model Set up. There are a fixed number of destination markets indexed by d € {0, 1,..., 2} for
a generic industry (we omit industry indices from the get go). Preferences are CES as in the main
text, and demand (quantity sold) is given by (I)) without the ex post destination-specific demand

shocks,

_1 d
P4\ pd-i i
x4 =(L)" Blers (B.1)
Yl‘
where Pft is the price charged for variety f in market d in time ¢, Y¢ and B¢ are, respectively, the
CES aggregate price and quantity indices,
1/p?
d
Bl=| ¥ (xppe| (B.2)
je!



<I>§l is the set of firms serving/varieties sold to destination d in time ¢, 8}1[ 1S an ex ante variety-
specific demand shock (realized prior to production), and n¢ = 1 / (pd —1) < —11is a constant price
elasticity of demand, which may vary across destinations with the demand curvature parameter p<.

Revenues on each destination market d are given by:
d d\P v (pa) P el
RY = (x4)" vd (BY) e, (B.3)

where Y¢ = Y?B? is total expenditures in market d, assumed fixed. In order to sell X Jf?, the firm

must produce 0%, = 7/X{,, because 7/ “melts” along the way, so that X{, = 0, /7. Thus
d . d d
R, = (Qf)P Y (BY) P (¢) P, (B.4)
Output is given by
Q= exp(@p +up )F(mpe, Ly, k) <= qpe = O +up+ f(mype, L, kge). (B.5)

where uy; is an unforeseen (by the firm) productivity shock.
In order to avoid clutter, we suspend for now using f and ¢ subscripts, because the following
derivations are done for any firm in any period, and do not involve dynamics. We will re-introduce

these subscripts in the end. We keep only the 7 subscripts for aggregates.

Optimization Start with the optimization problem for a given export strategy £
0, 0+u P’ 10/ p0y—p? (-0\—p° €O
max E < [x e F(m,Lk)]" YO (B) =P (7)) Pe
m7%07{%d}dEQ
d ,o+u P! vd pd\—p? (rd\—pd el
+ Yaeo [xeTF (m, LK) " YA (BY) 7P (g) P e

WM+ A (1=2° = Lgcax?) -
Firms take expectations over u draws. These expectations appear in a nonlinear fashion that varies
by destination, éjf’ =F [epd“], which is the same for all firms serving d. With this, we can re-write
the optimization problem

0
max &0 [70eF (m,1,6)]" YO (BY) P (z0) e’

mx0{x"}aeq
Yaca 68 (21 (m.1,1)]7 ¥ (BY) P ()0 e
~WM+A(1—x°—Yuea ).
Firms internalize their effect on the quantity index. This will introduce derivatives of the quantity
index with respect to firm-level quantities into the FONCs. We can nest monopolistic competition

by setting these derivatives to zero.



Factor Share Equation The FONC w.r.t. materials yields

W= X éi:’yﬂ(ﬁ)Pde£d<xd>PdePdw{<Bf>P"pd[F<m,z,k>]P"—1§7F4
de0uQ
9 [(BY)=P"| 5rd
— [F(m, 1, k)P (@)oot or
204 JF oM
Multiply by M and use and
204 B 0 [xdew+”F(m,l,k)]  dootu 04
oF OF B (B.6)
to write
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dE0UQ
(ydypd el =1 )
+3[ZJ(X) e ] 1OF M ®)
204 oM F '
Now
o [z 0xtytes] 17 ax
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004 ;(X )Fe p(XY) e 207
-1 d od
d\p“ €
_ o d N (X9)Pe d\—1(d\~1
! L ] e K ()
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since X4 = Q¢ / 74, and where

g e
is the revenue share of firm f in market d (in time ¢). Using in and collecting terms
yields

d

p
WM = Y ploMal | (e Fm. k)| v (B (g P e (1 - 5)
de0uQ
= oM Z pd&IRY(1 —sd)e_pd”
deduQ
where we use (B.3) and 6¥ = (dF /oM)/(M/F).
Now divide by R to get the M-share equation
WiM _ u d R dy ,—p*

2 =0 Y pgu;(l—s)e pru, (B.9)

de0uQ



We can also write this as

WM o0 w | R 0y,—p%u p! & R? dy ,—pu
——=p’&loM | —(1—=s")e P+ ) H—(1—s5%)e P, (B.10)
R ““ IR S pPE0 R
where we will use later
RY 0 p? &4 RY d
Z=—(1-sNe P4y (1 —s)e P, (B.11)
R dé} P &) R
Conditioning on non-exporters, (B.10) becomes
WM
tT = pO&O6M(1 — s0)e P (B.12)

because for these firms R® = R and R? = 0. Taking logs, rearranging and reintroducing the neces-

sary subscripts, we have

WM ¢,
Ry (1— s%)
The composite poé"uo oM can be estimated using a polynomial in inputs as described in the main
text. The term é”‘AuO can then be constructed (;@;0 = (1/N%)Y, Y rea P’ (and remember to flip
signs). Then éio can be used to build an estimate of p’c™ and to build Z from on a sample

of all firms.

In =1n[p°E2 M (m s, Lps k)] — plus. (B.13)

Revenue Equation First-order necessary conditions with respect to output shares x¢ yield, for
eachd e 0UQ,

o 8y ] : [fij; g ;if;’

d

A =& [OF (m,1,k)]P v ()P e

Using and
90° _9x'0 _
i

we can write, after some manipulation,

0

A= pled(@P (Y P (g0) P e (x4) T (1 — sT)e P
This implies
PUEIR () (1= e P = A,
For d = 0 this gives
PP EPR (") (1= 50)e P = 2.
Taking the ratio yields
plEIRI (3 )1 (1 —5)e P

POEIRO(x0) (1 — s0)e=P"u




Manipulating this to isolate R? gives
d
R — POXdRog_uO (1 —So)ep !
Py &4 (1 —sd)ep’u
Use this in the definition of Z to get, after some manipulation,

R p? &1 R4 a

Z = —(1-5% e Py Z T (1 —sd)e P
R deQ 0 @@0 R
1 R
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x” R
This implies that
RO 1— 0
P (RZ ) (B.14)

Write domestic revenues as
0 80

0 0 0 A0 0 _ 0 _
R = (0" Y (B)) P ()P e = (x°0)P Y (B)) P (") P e
and using (B.14) gives

0 oy P’
R (R—(;ZS )) 0P Y (BY) P (20) P e (e

After re-introducing subscripts added, the revenue equation is thus
0
RY (1—sY) P 0
f1 St —p? _p50 g0 _ 0 0
Rjr = (W Of YO (BY) P (z0)#' e )P’
Taking logs and rearranging yields
R% (1—sY)
t t
lnR =p°In (W + Pof(mft’ Ly kg) +FE, + 8?; +(1- PO)Pouft +P0wfz

where
0

FE, = In¥?(B%) P (0) P

is a fixed effect. This applies to all firms, but using only domestic revenues.
Using the same method as in the main text, the component of p f(m, Iz, k) that is due to
materials use can be subtracted from both sides of this equation. Moment conditions for the GMM

estimator are the same as in the main text.



C Model with Kimball Demand function

In this appendix, we characterize the model if demand is derived from Kimball preferences (Kim-
ball, |1995)). We demonstrate that for a general Kimball demand function, it is possible to express
revenues on the domestic market as a function of inputs, domestic revenues shares, domestic de-
mand conditions, and a computable residual Zs,, which encodes information about the foreign
demand conditions, as in equation in the main text.

However, though foreign demand conditions can be eliminated from the expression, supply and
demand parameters cannot be estimated without more structure. Without additional restrictions,
there is no way to recover the production function separately from the inverse demand function.
Any change in revenues induced by an input can be rationalized either by a movement along the
supply curve, or a movement along the demand curve. This demonstrates the role of CES demand

in our estimation strategy.

Model Set up There are a fixed number of destination markets indexed by d € {0, 1,..., 2} for a
generic industry (we omit industry indices). In what follows we omit ex post ufct demand shocks,
because including them would necessitate computing expectations of u%s inside a nonlinear func-
tion.

Within an industry i, demanded for a given variety f at time ¢ by consumers in destination market

d is governed by a general Kimball form

Y w i =1, (C.1)
t

where W (-) is some aggregator function and BY is the quantity index implicitly defined by ¥ (-).

The solution to the consumer’s problem implies that revenues on each destination market d are

given by:
d
er’ Q
d dyyd ft
Ry =Y 'H" | ——— (C.2)
t
d ~d d ~d d
) ) . ePt QO el Q ePt O

where Y¢ = B¢Y¢ is expenditures, assumed fixed. The function H¢ = It = i Iy I L

t t t

and is allowed to vary by d. In general, there is no closed-form for ¥’ (-).
Output is a function of a Hicks-neutral productivity shock @y, and a twice continuously differ-

entiable transformation of variable and quasi-fixed inputs:
Qft = exp(@p ) F (mys,Lp,kpe) <= qpe = Ope+ f (mge, Lo ko), (C.3)
7




Optimization Using (2), we write the optimization problem for a given export strategy Q; as

eXP< >%ftexp (@) F (mgu Ly k)

max Y viw? d —~WMMy,
mftv%f,:{xft}deﬁf, de0UQ Bt
+Ag (1—;@%— Y x;é>, (C.4)
dEth

where Ay, is the Lagrangian associated to the constraint x})t +Y4 )(J’il-t =1.

We allow that firms internalize their effect on the quantity index. This will introduce derivatives
of the quantity index with respect to firm-level quantities into the FONCs. We can nest monopo-
listic competition by simply setting these derivatives to 0.

First-order necessary conditions with respect to output shares )(}’t yield, for eachd € {0UQ },

d d
daHd()rxp( %) exp (o) P Onsoki) exo (5 ) theso (@) (ki) o s

Ay =Y,
T g, BY BY 9%, B
where Ej{t is the argument of H? (-). With some rearranging
d,d(=d He (:?J d
A=Yt (24,) —2 (1-4,) (C6)
Xft
opd 0% R IH() &
WhereSft—anB_{l—ZRd,,u <Hfl>: a:;{l Hd?)
These FONCs imply
0 (=0 0
1 (=) 2, (1)
yHd (Hﬂ) YO HO (Hﬂ) )i\ N (C.7)

ud (333) x5 (1 —s;g)

Substituting (C.7/) into the expression for total revenues gives

R = Y v'H(zf)

dEOUQﬂ
0 (=0
K (29,
- £, 1+—0(1—s§,> v, (C.8)

Xf;
d
where ¥ =Y At

Vi = Ldeqy, d(E@(l*%)



The first-order necessary condition with respect to materials yields

o () (p( 5 )t @) o

ASE D VI A

=d d
geboe, 9% B; oMy,

&4,
exp (p_fd) %]‘Ztexp (a)f,>F(mftalftakff) aB;i 8Q§1rt aFfl>

(C.9)
B¢ 909, Qs OMy;
Factor Share Equation Multiplying both sides by M, and rearranging
&\ d
a(y&XP | 57 | xf exp (@) F (mp, Ly ko)
M d9H () P M d
WMMy = ) Y 5=d 7 Of l—sft>
dedUQy, =t By
d
—d ex exp (@ Mg, L,k
oy g0 S P () o o) o f’)ay(l_sg)
- t —_ - t t
s, 0L, HI() E, B
— Y vl (E;{,)Hd(-)o}f (1—s;£,> (C.10)
de0UQy, '
And substituting with revenues
WMy = Y olRéu (_ﬂ) <1—sﬂ) (C.11)
dEOUQﬂ

Rearranging yields:
WM
Rf[ fl

R

—u "(=%) (1-s%)+ ¥ j;_ﬁ“ (=4) (1—%)] (C.12)

dely,

Here, we see that the extension presents a problem for estimation of the factor shares regression.

iy =4, . . o
The elasticity of demand u¢ <Ed > = a;{d( ) Hd’;’) intervenes in the brackets. In general, this object
&4,

depends on = ﬂ, which includes Q¢ I which itself depends on input choices. So we cannot recover

Gﬂ from the factor share regression, because Gft depends on input choices too, in general.

However, we could identify a composite function /3]1};’ = G%I X U <_ ﬂ) Rewrite (C.12) as

d(=d _d
mMMft o 0( O)G R_(])fl+ R_;iftlu <Hft> <1 sft) (C 13)
oy M T\ Ry, Ry 0 (50 O '
where the term in brackets is Z,. Condition on non-exporters,
WMM, _
A e’ LA (a%) oM. (C.14)
th (1 - Sf[)

We can add an error term to (C.14) that reflects measurement error in revenues. This would intro-

duce the expected value of this shock into the equation, and we can deal with this as in the main
9



text. Then we can regress the material share on polynomials in inputs to estimate u ( ﬁ) Gﬂ

Revenue Equation Now to derive the second-step estimation equation. Starting from domestic

revenues

O
eXP( >%fteXP (@7c) F (mpe, Ly ki)

0 0770
RY, =YH B (C.15)
Now to substitute for x?l, use that
0 (=0 0
1 (=5) 23 (1-51)
vind (24,) = v0Ho (2,) — 4 o0 (C.16)
ue (24,) 2 (1-4,)
Now substitute into Zy;
d (md _
RS’% R?t“ (“f’> (1 Sf’)
Z = R + Ry =0 0
fracqp, " ud (Lft) (l_sft>
0 0
_ sz+ R %ft
Rpe  q4ea,, Ryt Xf
0 d
Ji At
= I+ ) _0)
th ( deQy, le
RO
= = ZO (C.17)
StA i
which implies
RO
Xy = Rﬂ;ﬂ (C.18)
Now substituting in
e\ R
exp (54 ) mr ox0 (@) F (mg )
R}, =Y H" (C.19)

B

This expression generalizes the result from equation (I12): for a general Kimball demand function,
it is possible to express revenues on the domestic market as a function of inputs, domestic revenues
shares, domestic demand conditions, and a computable residual Zy,, which encodes information
about the foreign demand conditions, as in equation (I2)) in the main text.

However, the equation reveals the main obstacle to implementation. Though foreign demand
conditions can be eliminated from the expression, supply and demand parameters cannot be es-

timated without more structure. Without additional restrictions, there is no way to recover the

10



production function separately from the inverse demand function. Any change in revenues in-
duced by an input can be rationalized either by a movement along the supply curve, or a movement

along the demand curve. This demonstrates the role of CES demand in our estimation strategy.
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D Extension to Multi-Product Firms

In this appendix, we characterize a model and estimation strategy for the case in which firms
produce multiple products with different technologies. The model combines our multi-destination
framework with the multi-product framework from [Valmari (2023). As in |Valmari (2023), we
assume that inputs are observed only at the firm level, while revenues are observed separately for
each product. Crucially, however, we continue to assume that outputs are observed only in value
terms; prices and quantities are never separately observed.

Relative to our baseline single-product model, identification requires three additional restric-
tions. First, we assume away ex-post demand shocks, but allow for unanticipated productivity
shocks, uy;, as in Appendix [B} Second, we assume that demand curvature is common and constant
across both products and destinations. Third, we simplify the production function to a Cobb-
Douglas specification, as in |Valmari (2023)).

Although ruling out ex-post demand shocks is more restrictive than our baseline specification,
the resulting framework remains more general than Valmari (2023), who assumes that there are
no unanticipated shocks of any kind, either to production or to demand. Moreover, we show that
both supply and demand parameters remain identifiable without observing prices or quantities
separately, despite the fact that Valmari (2023)) makes use of price data.

With respect to the production function, in our baseline single-product model, input elasticities
can be recovered non-parametrically because all inputs are observed at the level at which produc-
tion takes place. In the multi-product setting, however, the allocation of inputs across products is
unobserved. As in Valmari (2023)), our estimation strategy for this case conditions on candidate
values of the input elasticities to recover the product-specific input allocations from the observed
data. Under a fully general production function, these elasticities would themselves depend on the
unobserved product-specific input allocations, making the inversion impossible. For this reason,
we impose a Cobb-Douglas specification, as in|Valmari| (2023).

While these assumptions deliver an estimation strategy for firms producing multiple products
with heterogeneous technologies (but common, constant demand elasticities)—we cannot imple-
ment it using the French data because firm-product revenue information is unavailable. Accord-
ingly, we present the identification and estimation strategy for settings in which such data are

available, but we do not estimate the extended model empirically.

Model Set up. There are a fixed number of destination markets indexed by d € {0, 1,..., 2} and
a fixed number of products j € {0,1,..., ¢ }. Preferences are CES as in the main text, and demand

(quantity sold) is given by

Pd- p—1 5?17/’
x4, = <ﬁ> Be™ (D.1)



where P]‘Cljl is the price charged for variety f for product j in market d in time ¢, Tj?t and Bj?t are,
respectively, the CES aggregate price and quantity indices,
1/p
d d 4
Bj= | X (Xp)Per| (D.2)
=2

CIJ% is the set of firms serving (varieties sold to) destination d for product j in time ¢, 8? it is an ex
ante variety-specific demand shock (realized prior to production), and n = 1/(p—1) < =l isa

constant price elasticity of demand. Revenues on each destination-product market d are given by:

p —P d
d d d d :
R= (xf) v (BY) e, (D.3)
where Y ﬁ = Y?tBj?t is total expenditures in market d, assumed fixed. In order to sell X J‘f it the firm

must produce Q;{ it = T,dXJ‘}'jt, because 7, “melts” along the way, so that X J‘th = Qjﬁjt /7. Thus
d d d(pd \—p (d\—P €}
Rfjt = (ijt)ijt(Bjt) p(Tt ) pe&‘fﬁ, (D.4)
Products are produced with product-specific productions functions. Firms produce a set of prod-
ucts Q}t, which, like the export strategy Qr;, we need not specify how it is chosen.

Firms have heterogeneous (anticipated) productivity levels @y ;, and unanticipated productivity

shocks u ;. Assuming Cobb-Douglas production yields output of product j by firm f at time ¢ is
T

Qf]l :exp(wsz+uf[)ij]thszKsz, (D.S)
Using we can write revenues for firm f from product j shipped to destination d as
p

where x]‘i i = Q? it /Qyj: is the share of product j’s total output allocated to destination d (with

Y4 )(J‘f =1, D?t = Y?t B?t (t¢)~P is a product-destination-time aggregate demand shifter.

Optimization. At the beginning of period ¢ the firm observes @y, {8}1 jt}j’ 4> and {D‘}t id It
then chooses materials {My,} ;, output shares { xjfl it} j.a» and the allocation of quasi-fixed inputs
Ly, and Ky, across product lines, with totals for quasi-fixed inputs L, and K, are pre-determined.
The unanticipated productivity shock uy; is realized only after production and trade decisions are
made; firms take expectations over its distribution, which has a constant mean known to the firm

and is independent across periods.
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For a given export strategy {Q f jf}j’ firm f solves

0 0 0 d d d
N Eo| X <(7‘szij:)” Djexp(er;) + ). (ijthﬁ)pDﬁeXp(gfﬁ)>
ijt,Xf]p{Xf]f}dEQfﬂ ]EQ‘]](I dGQth
Lyje, K je

WY Myt Y lﬁ?f(l—x?,-t— y x;f,,)

Jj€Qy, jeqs, deQyj,
+ A\ L= Y Lo | + A [ K= Y Kpie | (D.7)
jewy, jey,

taking expectations over u s, where lfj)f is the Lagrange multiplier for the output-share constraint
for product j, and l}t, lﬁ are the shadow prices of the quasi-fixed input constraints. Define
& = E[exp(puy;)], which is the same for all firms.

The first-order necessary condition (FONC) for materials, using dQ fit /oM it = yﬁ” Qrjr /M fits

gives

WM =Y, p&RS exp(—puy) . (D.8)
dE{O}Uij,
Summing over all products of the firm and dividing by total revenues Ry, =).; Y4 R;{ it
yields
wMMm R%.
sh=—"= Xy Y péiexp(—pug)
ft jeQ},  de{0juQy; It
thus
RS,
si="Y, v'p&iexp(—pusn) Y, R—’. (D.9)
jeQ, de{0yuQy, /1

Defining R¢j; = Y4 R‘; it the total revenue from product j of firm f across all destinations yields
R .
sh=p&exp(—pur) ¥ 7' 2~ (D.10)
jeQl, /i
where the product-specific revenue shares Ryj; /Ry, are directly observable for all firms. This
equation is the direct multi-product analog of equation (8) of the main text.
The first-order necessary condition for output shares x}lﬁ for each d € {0} UQ/j; and each
product j gives (under monopolistic competition, firms take D?t as given)
P& (nf)P QF Dhexp(ef,) =AfY,  de{0}uQ, jeQy, (D.11)
Setting the conditions for destinations d and d’ equal,
(X;ljz)p_l _ D?texp(&‘?jt)
(X;Ij,)p_l D?t eXp(E?jt)

(D.12)
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These measure—Qjct systems (one per product) determine the optimal output allocation across desti-

nations. In this setting, without ex post demand shocks, revenue shares are equal to quantity shares

since
RL.  RY
fjf _ fjt, dE-ijz, jE'Q"]]‘t‘ (D.13)
ij; ijt

The FONCs for quasi-fixed input allocation yield (using dQ rit/ JdL fjt = yf Qfit/Lyjr)

vE
/1]% = L_] P 5’,,lech exp(—puf,) , JjE th, (D.14)
fit ac{oyuQy

with an analogous condition for K¢ ;. Equating the conditions for products j and j',
VL ZRth
ijl Ty (D. 15)
Z ZRfJ’t

and analogously for Ky ;.

Factor-share equation. The first-stage factor regression is estimated on all firms in this exten-
sion to multi-product firms since both the u shocks and p are homogeneous across destinations and
products. Taking logarithms of (D.10)) yields

R
s =tn| Y &BY Rff’ — pu, (D.16)
jEQ b It
with [3;” = pyj” . The residual puy, is orthogonal to {Ryj;/Ry;}, hence the composite param-
eters éaquM , j=1,...J, are identified and can be estimated by NLLS on all firms, following
equation (14) of the main text. &, is then recovered by averaging exp(pu ft) over the sample.
Identification exploits cross-firm variation in the product revenue mix: firms with different product

compositions trace out the relative materials intensities { BJM }.

Revenue equation. Because uy; enters through the production function rather than demand the

realized domestic output share equals the domestic revenue share exactly: xf it f  for all d.

Substituting it into the demand equation for the domestic market gives, for all ﬁrms including

exporters:

RY, P

[4

R?‘jt - (R j Qfﬁ) D(J)'r eXP<8]9jt> ) (D.17)
fit

the product-level analog of equation (12) in the main text. Taking logarithms and substituting the

production function yields

Rfﬂ

rfjl‘ pwmfjt+p'}'Llfjl+p7kajt+pln(Rfﬁ) +1nD]t+8fjt+pwfﬂ+pufl (D.18)
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The ratio R?c it /R j: encodes foreign demand conditions without requiring observation of destination-
specific prices or knowledge of the full export strategy: a firm facing stronger foreign demand ships
a larger output share abroad, lowering R?» it /Ryj: and, through the coefficient p, reducing domestic
revenues.

The FONC for materials gives product-level materials for all firms:
B @@uﬁjw eXP(—@j‘r)Rfjt
wM ’

where p/u} is the first-stage residual, which allows to compute g"; Define the net domestic log-

(D.19)

revenue

20— 0 aM .

Frio = rpje =B}l (D.20)
where rifj; = InM rji- Absorbing lnD% into a product-time fixed effect o¢j; and collecting vy, =
8}) 1+ POgji + puy, equation becomes

RY,
Jjt
the product-level analog of equation (19) in the main text. The unknowns are the demand cur-

L 1K
jr0j
through (D.13]) and are therefore estimated jointly with the production function parameters in the
GMM.

Following the main text, assume @y, and 8]9 it each follow a first-order Markov process with

vature p and {b%,b 7.bj K jeal,: The quasi-fixed input allocations Irj; and kyj; depend on {b

common persistence 4 and allow productivity to depend on lagged export participation ey j;1:

Veje =hVij—1+plesj—1+pSri, (D.22)

where 1 is the learning-by-exporting coefficient and &7 j; = @y, + ?:]9 it /pup —hujj,—1is MA().
For any candidate 6 = (h,u, {b?,bf }), compute V¢ (0) from (D.21)), form residuals éfj,(e)
by regressing Vyj; on Vr;,_1, efj,—1, and product-time fixed effects, and minimise deviations from

the moment conditions

. RO
E|&Erit(0)- (lﬂ, pey In 22— frt= ) =0 (D.23)
f” 2 G%

by GMM, where [f; and ky, are total firm-level log-labor and log-capital. The lagged domestic rev-
enue share ln(R? i1-2/Ry j, ») instruments for the contemporaneous demand proxy In(R ? i/ Rrjt)s
paralleling the use of ln[ o/ (R 2»Z¢;-2)] in equation (23) of the main text. Validity follows
from the MA(1) structure of &rjr: period-t innovations are uncorrelated with instruments dated

t — 2 and earlier.
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E Existing Estimators

In this section we present existing approaches to estimating production functions when output is
denominated in value and discuss the biases that arise from ignoring the multi-destination dimen-

sion.
E.1 Factor share method with no demand correction

When estimating production function parameters with data denominated in value, researchers typ-
ically deflate firm-level revenues by the domestic price deflator and treat the resulting series as if
they were quantities. We present this estimator in Section 4 of the main text.

If the true data generating process (DGP) coincides with the model from Section 2] but the
conditions ensuring that firms sell at the same price are not met, then the moment conditions for
the “no demand correction” estimator fail at two junctures. First, if firms serve multiple destination
markets with heterogeneous demand curvatures (p“s), and all firm-year observations are included
in the first-stage NLLS, then correlation between Zy, and inputs leads to a violation of the moment
condition. Our procedure circumvents this problem by conditioning on non-exporters in the first
stage.

Second, even if the contribution of materials could be accurately estimated and subtracted off
from deflated revenues, the endogenous choice of destination-specific quantity shares leads to a
violation the moment conditions in the second step GMM. This can be seen from (11]), where,
after moving the contribution of materials to the left-hand side, both x% and l,l/jf»t directly affect

NoD

revenues, and are included in the residual & 1 in (20). Since destination-specific output shares

depend on quasi-fixed input levels, failure to control for )(% and l//}ﬁt implies a violation of the
second step moment conditions.

The violation causes biases in ways that are hard to assess and likely depend on parameter
values. For example, x](?t depends negatively on quasi-fixed inputs, since higher quasi-fixed input
levels lead to lower marginal costs, higher marginal revenues, higher likelihood of exporting to any
given destination, and hence higher export share. But it is not clear whether leaving )(J(Qt for the
error term leads to upward or downward bias in the b coefficients, because the residual in (IT]) may

depend either positively or negatively on x})t.z
E.2 Factor share method with a single-market correction

The few papers that explicitly address the value-versus-quantity distinction in the context of pro-

duction function estimation typically implement some versions of Klette & Griliches| (1996)’s

In addition, x})-t cannot follow the same AR(1) as 8/9-, since 7(}9, depends directly on 8%. Thus, X](‘)'z cannot be
absorbed into vy;.

2If there is only one quasi-fixed input that enters linearly in (28)), and the residual depends positively on x%, then
the bias is clearly negative. With multiple quasi-fixed inputs and higher order terms and interactions, it is not clear that
omitting x})t leads to downward bias in all estimated b terms.

17



procedure that controls for the domestic aggregate CES quantity index (e.g., De Loecker|2011 and
Grieco et al/2016). We present this estimator in Section 4 of the main text.

This additional regressor, B/, captures the aggregate domestic demand conditions. If firms
serve only one destination market—the domestic one—and if researchers could compute the empir-
ical price index and BY"* in a theory-consistent way (see Appendix for details), then we would
have B"*” = B, /Y, where Y captures the price index normalization. In this case, the constructed
residual §SMC would be orthogonal to quasi-fixed inputs in period ¢ because §SM =€p +poy at
the true parameter values. Indeed, when all firms serve a single market, the ex post demand shock
uy, is identified by the factor share regression in the first step, and hence does not appear in the

second step. Moreover, the aggregate demand shifter In B i

is orthogonal to & fMC by assump-
tion. Hence, the parameter p would be identified by time series variation in industry-wide demand
aggregates, and this estimation procedure would also identify all output elasticities.

However, when firms select endogenously into multiple destination markets, several sources of
bias arise. First, unless x]% follows exactly the same AR(1) process as 8% and @s—which is not
possible, given the model—then éSMC includes x](c)l. Since x% depends on quasi-fixed inputs, this
implies a violation of the moment conditions, which results in a biased estimator.

Second, the demand shifter B/"*"

De Loecker (2011) for how to construct B/ from the data as a weighted sum of deflated to-

is likely measured with error. |Gandhi et al. (2020) cite

tal revenues of domestic firms. We show in Appendix [E.7]that if the price deflator is constructed in
a theory-consistent way, then the domestic quantity index BY can be computed up to a normaliza-
tion from price deflators and fotal domestic absorption, i.e. total domestic sales of domestic firms
plus total imports from foreign firms. Incorrectly building B”"** from total revenues of domestic
firms (whether using weights or not) results in a discrepancy with B?, that corresponds to the trade
deficit, which would be relegated to the error term, multiplied by 1 — p°. The trade deficit may
be positively or negatively correlated with BY"”, depending on whether local demand shocks or
foreign supply shocks dominate. This, too, leads to a violation of the moment conditions and a
biased estimator.

In light of these concerns, a tempting strategy would be to estimate the factor shares approach
with a single-market correction for a set of non-exporters. For non-exporters, the first stage factor
share regression identifies the revenue elasticity of flexible inputs as well as u?ct, the residual from
this regression. Additionally, for all non-exporting firms, )(J(Zt =1 and Zs; = exp(—u fz> In this

case, equation (21)) becomes
P Bl 4 by 4 Bl 4 Bk, + Tk
+ (1=p°) B 1 €0 + p g, (E.1)

where 8]9, + poa)f, combine as an error term that follows an AR(1) process. However, bias per-
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sists for two reasons. First, B/ is still likely measured with error. Second, sample selection
bias violates the orthogonality conditions in the second step: the residual from the AR(1) process
does not have a zero mean conditional on quasi-fixed inputs. If higher levels of quasi-fixed in-
puts are associated with a greater probability to export—for instance due to increasing returns to
scale—then the conditional mean of the residual will be negatively correlated with them because
the sample never admits exporters. The direction of the bias will vary by type of cross-market
complementarities and by the degree of returns to variable inputs.

Whether estimating the single-market demand-side correction model in the full sample or in
a sub-sample of non-exporters, two additional problems arise. First, identification in this model
relies on time-series variation in aggregate demand, which may not be sufficient in short panels.
Second, given our application—the productivity effects of learning by exporting—using a method
with a single-market correction entails an additional conceptual issue: there is no exporting in a
single market model. There is a logical inconsistency in relying on an estimator that assumes only
one, domestic destination to study the effect of serving different, foreign markets.
E.3 Control function versions of the standard approaches

The two preceding estimation models could also be estimated by the control function method,
wherein unobserved productivity shocks are proxied by a model-inversion procedure. There are
many ways to implement the control function approach. We follow the gross output control func-
tion estimator from Gandhi et al.[(2020). Using BY"* to identify the demand curvature parameter
yields an estimator that is very similar to the homogeneous-p version of De Loecker (2011} or to
the original demand-side correction model from Klette & Griliches| (1996).

To fix ideas, we first invert the material demand function to substitute for the unobserved shocks

to supply and demand. This substitution generates the estimation equation
K5E = @mplpkp) + 6+ 05 (E.2)

where ®(m [ ,kg;) is an unknown function that combines f (-) and the inverted material demand
function and ¢ is a time fixed effect that controls for material input prices. When controlling for
a single-market demand shifter, we simply include B/" in ®(-). We approximate ®(-) with a
second-degree polynomial function, estimate by OLS, and extract the residual gﬁF .

F

Next, we subtract 19](;, from deflated revenues. In the case that the demand-side correction is

ignored we obtain

Pl NP = flmp Ly k) + Ve (E.3)
For the case in which a single-market demand correction is employed we obtain
ﬁf_SMC = pof(mflv lfl‘7kfl‘) + (1 - po) lnBtproxy + vfl7 (E4)

where vy, collects unobserved shocks to supply and demand. We adopt a complete polynomial

function of degree 2 to approximate f(-) and assume that v, follows an AR(1) process. For any
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candidate vector of parameters, we can compute Vft, then regress Vf, on fo and ey, 1 (the
indicator for exporting) and compute the residual ﬁle . We build moment conditions by multiply-
ing E;;F by the levels of all quasi-fixed inputs, lags of flexible inputs, along with the appropriate

interaction and square terms, as well as In BY" "

in the case of the single-market correction model.
We then minimize the objective function to estimate parameters.

Beyond the model misspecification issues mentioned above, there are two problems highlighted
by the literature that suggest that neither of these control function estimators are likely to generate
consistent estimates of model parameters. First, the control function method relies on time series
variation in material input prices for identification. Gandhi et al.| (2020) show that the control
function approach generates inconsistent estimates when material price variation is low, even if the
moment conditions hold. This is because low material price variation renders its lag to be a weak
instrument for contemporaneous materials demand, conditional on productivity and capital. We
replicate this finding in Appendix [F.2|in our Monte Carlo simulations (extending the Monte Carlo
experiments from Gandhi et al.| (2020) to the case of imperfect competition) for a single-market
version of the model.

Second, even when the sample size goes to infinity, the GMM objective function admits multiple
solutions in the standard control function framework, as demonstrated by |/Ackerberg et al.| (2023)).
Ackerberg et al.| (2023)) argue that choosing among these candidate solutions is not as simple as
just choosing the parameter combination that yields the lowest objective function value. This is
because there are, in fact, multiple parameter vectors for which the moment conditions are satisfied
and the objective equals zero—among them the OLS parameter vector. Hence, the optimization
problem is under identified.> Despite these issues, we estimate control function versions of the no-
demand-correction and the single-market correction estimators both in Monte Carlo experiments

and in the French data, for comparison.
E.4 Multi-destination estimator with constant returns to flexible inputs

Researchers in the international trade literature often estimate the elasticity of demand from the
ratio of revenues to total variable costs (Aw et al.[2011, |Almunia et al.[2021)). We can derive the
estimating equations for this strategy from our general model by imposing particular parametric
restrictions.

To illustrate, we consider the estimation strategy from|Aw et al. (2011). Starting from the model
in section [2} if we impose (i) the same demand curvature for all foreign destinations: p? = p*
foralld =1,...9, (ii) a Cobb-Douglas production function in materials and capital, (iii) constant

returns to materials G%I =1, and (iv) the absence of ex post demand shocks: u?l = 0 for all d, then

31t is well known that nonlinear estimation like GMM can be sensitive to initial values as well as searching algo-
rithms (Knittel et al.| 2014). As shown by |Ackerberg et al.| (2023)), the problem with the control function method is
more severe than mere numerical challenges.
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the factor-share equation (8]) simplifies to
WMMyg = p°RY +p R}, (E.5)
with R}, = Yieq), R;{t. Adding a regression error term, equation (E.5) can be estimated by OLS to
recover p® and p*, which is precisely what Aw et al.| (2011) do.
Next, Aw et al. (2011)) estimate returns to capital and LBE. To do so, they derive an expression
for R(}t which depends on just Ky, @y, W,M , and the domestic aggregate demand shifter D?. The
key to identification is the assumption of constant returns to materials, under which materials drops

out of the expression. To derive this equation from our general model, we impose no ex post shocks

and p? = p* for all d > 1 and combine (T0) with (8) to obtain
1— 9
1+ —
X
which implies x})t = pOR% /(WMM;,) given the assumption G%I = 1. Next, we substitute this

; (E.6)

0 p?
Wi, = oltp (0,)" ()" Dhesp (&)

expression into the definition of domestic revenues using the Cobb-Douglas assumption with G%I =
7%’ =1:

e o PR\’
t
R}, = (MpK}, exp(wp))P (Mfth> D?exp(e}’,), (E.7)
t

where ¥/ indicates the output elasticity of factor j € {M,K}, and where materials M rr—present

both in QO and in x%—cancel out. Rearranging yields
0
="

p 0 p° p° L
By = (K) 700 (00) 57 (exp o) ) (DPexp (1)) ™. &9
which can be log-linearized. |Aw et al.|(2011) proceed to identify yX and LBE via GMM from this
equation, exploiting the AR(1) assumption in the usual way.

This illustrates that the estimation strategy from |Aw et al. (2011) (i.e., estimating and then
(E.8)) is a special case of our multi-destination estimator, subject to restrictions (i)-(iv) just above.
If these restrictions do not hold, we would not expect this procedure to deliver consistent estimates
of model parameters, but we implement it in Monte Carlo experiments and in the French data, for
comparison.

E.S5 Estimator with multiple aggregate quantity indices

De Loecker (2011) provides an alternative extension of Klette & Griliches| (1996)’s model and
(similarly to us) proposes an estimation strategy for the case in which outputs are observed only in
value. When firms serve multiple markets, the estimation equation from De Loecker (2011) only
holds as a first-order approximation. If higher order terms of this approximation are important in
this nonlinear setting, then the values estimated by this procedure may be far from the truth, even
if the data generating process coincides with the structural model.

To see this point we re-write the relevant equations from |De Loecker (2011) in our notation.
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We start from our general multi-destination model in Section |2, and impose (i) e;ll = &, for all
d e {0UQ}, (i) ujdct =uy forall d € {0UQ}, and (iii) a Cobb-Douglas structure for F (), as
in De Loecker| (2011). Total revenues can then be Written as
Ry = ), <eXP (@) MY, L}, Ky ) (%?r)pdel exp (er)exp (up),  (E9)
de{0}UQy,
where ¥/ indicates the output elasticity of factor j € {M,L,K}.

De Loecker (2011]) estimates the following equation (corresponding to his equation (8), written

in our notation) via the control function approach:
Fro=PB"mp+ B+ B¥kp+ BN+ Y, 5§ (1 — pd> InBY + wp + €5 +up, (E.10)
de{0}uQ
where 7f; denotes deflated log revenues, B/ indicates the revenue elasticity of factor j € {M,L,K},
and s;fs is a time-invariant measure of the importance of market d for firm f (e.g., base-year market
shares). The term N denotes the number of products in the context of De Loecker (2011), but could
represent the number of destinations in our multi-destination setting.

Careful examination shows that does not follow from (E.9). With heterogeneous values
of p¢, inputs do not pull out of the sum in (E.9), nor does ;. Hence, the estimation equation
in |De Loecker (2011) is, strictly speaking, inconsistent with our model, even after imposing the
restrictions specified above.

Nevertheless, by taking a first-order Taylor series approximation of (E.9) around a base-year
equilibrium, it is possible to recover an estimation equation that is very close to (E.I0). De Loecker
(2011) does not derive this approximation, nor does he describe this equation as an approximation;
nevertheless, this equation can be motivated by an approximation, as we will now show.

Starting from the model in Section we impose: 1) ejft =¢p foralld € {0UQ}, (i) u?l =ug
for all d € {0UQ}, and (iii) a Cobb-Douglas structure for F (-), as in De Loecker| (2011). Then
from (2) and (3) we have

rfy =RY, = p?og+p Y mp +py s+ pYkpi + pIn g, + D + €5 +up, (BN
Define Q r the export strategy of firm f in some baseline year. Then by definition, we have

InRy;, = In Z exp(r;lct)>

dG{O}UQﬂ

= In Z exp(r?t) + Z eXP(”?t))

dG{O}U(QfﬂQﬂ) dEUQﬂ\Qf

Yy exp rd
I y exp(rjﬁ,)) +ln<1 @) () (E.12)
de{0hU(QnQy;) Lac(oyu(@,nay,) SXP (V?t)

-

=G(rg) _Efl
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where ry is the vector {r;ll}, de{0}uU (Qf NQ ft), 1.e. the destination-specific log revenues for the
set of destinations common between the export strategies 2y and Q. The term G (rg) represents
the component of log revenues for firm f in year ¢ from destinations in this set. The term E,
indicates the component of log revenues from destinations in Q,, but not in Q -

For a fixed export strategy, Q7 = Q r forall f and 7, and Ef; = O for all f and ¢. In this case,
a first-order Taylor approximation of G (rg) around the baseline ¥y will generate the estimation
equation. If the export strategy varies from the baseline, then Ey, introduces potentially higher-
order bias. Hence, the approximation still holds, but not necessarily to a first order.

Taking a first-order Taylor approximation of G (rg) around the baseline ¥y we have

. G .
Gow) = GG+ ¥ S8 (%)
de{0hu(QpnQy,) = St T

- 6@+ Y (-
de{0}u(QrNQy)

= Y 514+ G () — Y 547 (E.13)
dE{O}U(QfﬂQﬂ) dG{O}U(QfﬁQﬂ)
EC‘ornsf
RS

= is the revenues share of destination d in the common set {0} U
ze{o}u(ﬂfmgﬂ) f

(Q ALY f,), and Cons is a firm-specific constant that does not depend on ¢.

-
where =5

Hence, to an approximation,
InR; =~ Y 5414, + Cons + Egy (E.14)
dG{O}U(QfﬂQﬂ)
A natural choice for baseline ¥y would be initial period outcomes ¢ = rgy. Substituting in (E.TT))

and deflating the log of total revenues by the weighted average of price indices in each destination,

we have
lant — Z S;dco lnl—'fl = Z S?Opdmeft + Z S;Zcopdngft
de{0}u(QrnQy) de{0}u(QrnQy,) de{0}u(QrnQy,)

+ ) s$oP Y ki ) sfo(1—=p?)InBf
de{0}u(QnQy) de{0}U(Q,NQy)

+ Z sfcopdln xjf, — Z s‘flopdln ’L'td
de{0}u(Q,nQy) de{0}u(Q,NQy)

+ ConSf+Eft+ Z S;lcopd wft+8ft+uft.

dE{O}U(Qfﬂ.Qﬂ)

If we denote B/ = Zde{o}u(ﬁfmfzf,) sjfopd}/j and B = Zde{o}u(fzfmszf,) s‘flopd, this expression sim-
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plifies to
7reo= BMmp+ Brlp+ B kg + ) sfo (1 - Pd) InBY + )y s$op? In 2,
de{0}u(QrNQy) de{0}U(QNQy)
= Z S?OPdlnT[d—{—COIle—FEﬂ +BPop +Eq +up. (E.15)
de{0}u(Q,nQy)

Comparing with (E.I0) in the text, we find several difficulties and discrepancies.

First, deflating revenues by the weighted average of price indices in each destination requires
a lot of information. The isomorphism between a multi-segment model and a multi-destination
model does not imply similar data requirements. In practice, De Loecker (2011) uses data on
Belgium prices only, which ignores the fact that Belgian firms export.

Second, there are 4 terms in that are missing in (E.I0)— the terms associated with xj‘fts
and ¢, and the terms related to the approximation (Cons rand E ). For the first term, De Loecker
(2011) assumes a fixed product mix over time within firms to proxy for revenues shares with the
number of products Ny. In our setting, this proxy would be equivalent to the number of destina-
tions. But most firms change their set of destinations over time. Assuming all destination-specific
revenues shares sfcts are observed, we could use that information to proxy for x]‘fts, or we could
proxy it by the maximum number of destinations. The second term that contains trade costs is
specific to our setting. The constant is not time-varying, but it is firm specific, hence it could be
absorbed by firm fixed effects in the Markov process (which could introduce Nickell bias). But
these fixed effects are not present in (E.10), thereby relegating this constant to the error term. As
a result, the baseline period export share could generate an omitted variable problem in the spec-
ification proposed by De Loecker| (2011)), and the moment conditions may not hold. Finally, our
derivation indicates that the extensive margin for destinations (Es,) should be controlled for.

Note that the first-order approximation holds for a fixed set of destinations over time. If the
export strategy Q, changes over time, then the equation holds as an approximation, though not
necessarily a “first-order” approximation. In this case, nontrivial movements in the quantity shares
( x]‘ft) over time could introduce bias. Furthermore, identification of the parameter p¢ is complicated
by all the measurement issues for Bfl discussed above, as well as the concerns regarding short
panels. By exploiting a novel source of identifying variation—the export revenues share—we

circumvent both the approximation bias and the measurement issues related to Bf .
E.6 Comparison to Almunia et al./ (2021)

In recent work, Almunia et al.| (2021) also specify a model with multiple destinations, monopolistic
competition, and quasi-fixed capital. They also estimate production function parameters and an
elasticity of demand. There are four key differences between the production function estimation
in /Almunia et al.[(2021) and ours. First, Almunia et al.|(2021) assume that firms are myopic with

respect to ex post destination specific demand shocks (E [¢"/'] = 1). Second, as we explain below,
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Almunia et al.| (2021) implicitly assume constant returns to flexible inputs when estimating the
elasticity of demand, which is inconsistent with the thrust of their main findings. Third, it seems
that Almunia et al.| (2021) do not consider the multi-destination dimension when estimating firm-
level productivity (see Appendix F in their paper). Finally, Almunia et al.| (2021]) assume that the
elasticity of demand is identical across all destinations (within an industry), whereas one of our
contributions is to allow for variation in elasticities across markets.

In what follows, we analyze their estimator in the context of a version of our model where we
impose the same elasticity of demand across destinations, as they do. We demonstrate that their
estimator is not consistent with variable (increasing or decreasing) returns to variable inputs.

Almunia et al.| (2021) claim (see Appendix F.1 of Almunia et al. (2021)) that the assumption of

monopolistic competition implies (in their notation) that

1
Ry —C} = ER#, (E.16)

where R;; is total revenues of firm i at time ¢, C;, denotes the total variable cost of firm i at time ¢,
and o is the elasticity of substitution (and demand). Equivalently, we can define in our notation
the total variable cost of firm f in time ¢,
M
Costs (Qf) = MpW, (E.17)
We can then re-write (E.T6)) in our notation

Ry —Costs (Qp) = (1—p) Ry (E.18)
Based on assumption (E.16), and substituting for C}’ with expenditures on flexible inputs, Almu-
nia et al.| (2021)) derive the following moment condition (in their notation)

O

—1
E|ln (T) + rﬁbs —1In (Pl-lthi; +WitLit)] =0, (E.19)

or in our notation

E

Inp+rp—In (mMMf,)] =0. (E.20)

If the assumption in (E.16) were to hold, then indeed the moment condition (E.20) could be ex-
ploited to identify the curvature of demand (p, in our notation). But as we show below, (E.16)
requires both (in our notation) E [¢“//] = 1 and constant marginal costs. This implies that firms
are myopic with respect to ex post destination specific demand shocks, and that variable returns to
scale are unitary.

We can rewrite the optimization problem of a firm from section [2| for a fixed set of destinations
(fixed “export strategy’’) using the variable cost function (E.17):
Q?r Z <%},t)PDf’ exp (8% + ujlct) —Cost (th) +Age (1 — Z kﬁ%l)

deQy,

dGQﬂ

max ¥ = E
xf[sth
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which leads to first order condition for Q
I—p

_ . dCostr (O
p Q)" [ Y (ofexp(ef))™ | Elexp(u)]= % (E.22)
deQy, It
Multiplying both sides by Q;, we have
] JICost s Q1)
1 os
p(Qr)’ [ Y (Dfexp (€))7 | Elewp ()] = =55 =0 (E23)
deQy, St
and substituting with total revenues
. dCosts (Q
pElexp (] Ryy! = 25200 L) £24)

anz

dC ostf,<Qf,)

Now if we set E [exp (u)] = 1 and we assume Qi = Costs (Qf), we get the moment

aL'(Qﬂ)Qﬂ # Cost (Qf,) In partic-

ular, with decreasing returns to flexible inputs, which is the necessary condition for cross-market

condition (E.20). But with non-constant marginal cost,

complementarities, aStf—’(Qf’)Q 1 7 Cost g (Q ﬂ)
E.7 Building market quantity proxy from price indices

In a single-market estimation model, the demand-side parameter is identified from time series
variation in the industry-wide CES demand index. In this section, we discuss how to construct this
index.

Essentially, the quantity index can be recovered from expenditure data and industry-wide price
deflators. Assuming just a single market (hence dropping the d superscript), and using (I)) and (2),

we can write

Ry p-1
B = Y exp(eptup)Xh=Y %Bf (E.25)
f€6, feo, 1
This implies
th
B = —= E.26
= Ly (E.26)
f€6;
Hence, if we observe the true CES price index in levels, we can construct the CES quantity index

from aggregate deflated revenues.*

But of course, the true CES price index is not observed in levels. First, price indices are almost

always reported relative to some base year normalization. This implies

R R
B=Y Yf[_l‘ Y (E27)
feo, jeo, A
A/—/
EB{"OXY

“In the only work we are aware of that explains how to construct the CES quantity index, De Loecker (2011)
computes the weighted average of deflated revenues (see [De Loecker| (2011) equation B.1.9 in the appendix), though
— as we show in (E.20) — theory indicates the gross sum is called for.
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where A; is the empirical analogue to the true CES price index normalized to base-year ¢ = 0, and
Y is the unobserved base-year normalization.

Second, the CES price index is a theoretical construct that depends on structural parameters.
How does this theoretical object correspond to A;? Sato| (1976) and |Vartia (1976) prove for a
symmetric CES with no entry and exit, there exists a set of weights wi ¢, such that

1n¥ — Y wigln (@) (E.28)

0 feo, Dfio
L.e., the log change in the true CES price index is a weighted average of the log change in the prices
of individual firms. Sato/ (1976) and |Vartia (1976) give the analytical expression for these weights,
which ends up being very close to a simple chain weight. [Feenstra (1994) extends to the case of
entry and exit. Redding & Weinstein (2020) extends to the asymmetric CES (which corresponds

to our demand system (I)). If we assume that A; is computed using Weinstein-Redding weights,

then holds.
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F Monte Carlo Simulations

In this appendix, we present details of the Monte Carlo experiments not reported in the main text.

F.1 Multi-Market Monte Carlo Simulations

These Monte Carlo simulations are based on the multi-destination model developed in Section 2.
We simulate a panel of firms that produce differentiated products, may export to multiple destina-
tion markets, and compete imperfectly under potentially non-constant returns to variable inputs.
The simulations are conducted in partial equilibrium on the foreign markets: firms take destination-
level demand shifters and aggregate price indices as given when solving their optimization prob-
lem. However, we impose market-clearing conditions on the domestic market. In particular, the
domestic CES quantity index is determined endogenously from the simulated equilibrium alloca-
tion across domestic firms. This structure mirrors the empirical setting considered in the paper,
in which researchers observe firms from a single origin country that compete domestically while

treating foreign market conditions as exogenous.

F.1.1 Building the cost function

On each market, expenditures on outputs from a particular firm are given by (2)), with

5= Y (05" expley )] (1)
f

d

d_

Y= [Z <p;1t> P exp (Jl‘f_—pfﬂ : (F2)
f

We allow for two different values of p. We set p? = p? = 0.8 and pX = p? = 0.6 for all d > 0.

Total expenditures are equal to the quantity index times the price index
v = BY! (F3)
which are assumed fixed.

Production is given by (33]). With a single variable input, we can simply invert the production

function to solve for M,

/M
Q
My, = #y,( (F.4)
exp(@y K,
which yields cost function
/M
0 0-+1
Costyy = WMMy = WM #y’( =cp(Qp)"" (F.5)
exp(@y)K,
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F.1.2 Assuming Monopolistic Competition on all markets

Firms choose the vector of {Q;ft} to maximize expected profits, where expectations are taken
over future realizations of the ex post demand shocks u?l, conditional on firms’ beliefs about the

aggregate quantity indices. Assuming monopolistic competition, we have

max 1 = E|¥°(0%)" (BY) * exp(e +ul})
{04}
- Y0P (BY) " expled +uid) | (@) E6)
d>0
FONC are
PPY(Q)P T (BY) P | explel)E [exp(uf)| = (04 1)(Q)°  ED)
XY ()P B (B | expl(ef B [exp(uf)| =cri(0+1) (0r)°  (ES)

Taking expectations over the ex post demand shocks is straightforward under the assumed log-
normal distribution. But taking expectations over the quantity indices is not as clear.

Taking expectation over the ex post demand shocks

exp(07/2)p* Y ()P B | (B)) P | exp(ef) = cn(0+1) (2n)° (F9)

D_ _pD 0
exp(07/2)pPY2(05,)P" B | (B)) " | explel) = (6 +1) (2s1) (F.10)
Where we impose normal distribution for u shocks with variance o2

Solving for export strategy To solve for the optimal export strategy, firms take the destination-
specific CES quantity indices, B, as given in all markets when forming expectations over prof-
its. Conditional on these perceived market conditions, each firm evaluates the profitability of all
feasible export strategies, where an export strategy corresponds to a particular subset of foreign
destinations to serve. Because the number of potential destinations is finite and relatively small in
the simulations, firms can explicitly enumerate all feasible destination combinations.

For a given export strategy Q s, firms solve the static profit maximization problem described in
Section 2, conditional on the realization of productivity and ex ante demand shocks (@y;, e}lt). At
this stage, firms have not yet observed the ex post demand shocks ujdct, which are realized only after
production and destination-specific quantity allocations are chosen. Consequently, firms compute
expected profits by integrating over the distribution of future u?t draws.
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More formally, for each feasible export strategy €, firms compute

E, [ (Q1)]
where expectations are taken over the distribution of ex post demand shocks conditional on the
information available at the time production decisions are made. Firms then select the export

strategy that yields the highest expected profits net of fixed export costs:

Q}t = argnglzaxEu [Hf,(Qﬂ)} )
ft

At this stage, firms treat the destination-level quantity indices B¢ as exogenous objects that sum-
marize market conditions. For foreign destinations, this perceived environment coincides with the
equilibrium environment because the simulations are conducted in partial equilibrium with respect
to foreign demand conditions. However, the same is not true for the domestic market. Firms
initially take a conjecture for the domestic quantity index BY as given when solving for export
participation, but this quantity will update endogenously when solving for optimal quantities and
prices. Thus, firms’ initial conjectures about B? generally differ from the equilibrium domestic
quantity index that ultimately clears the domestic market. In this sense, the simulations impose a
fixed-point problem only for the domestic market, while foreign market conditions remain exoge-

nous from the perspective of domestic firms.

Solving for equilibrium, given export strategy Conditional on the export strategy €2, firms
solve for the monopolistic competition equilibrium taking destination-level quantity indices B? as
given. For foreign destinations, firms correctly treat the foreign quantity indices as fixed because
the simulations are conducted in partial equilibrium with respect to foreign demand conditions. For
the domestic market, however, we impose the CES adding-up constraint and solve for the domestic
quantity index endogenously.

The equilibrium is computed iteratively. Given current values for firm-level aggregate output
Oy, and the domestic quantity index BY, firms solve the static profit maximization problem and
obtain optimal destination-level sales allocations. Using the definition

Dfl = );td PR
(B)P
the optimal quantity allocations can be written as

i
pdD;l exp(e}lt)E[exp(u?t)] 1-p4

(6+1)cn0f
Although firms treat the quantity indices parametrically when choosing quantities, evaluating the

d
sz =

expectations over the aggregate quantity indices exactly would require integrating over the joint
distribution of firm-level demand shocks and aggregate market outcomes. To obtain a tractable

approximation, we treat the quantity indices as deterministic objects conditional on the current
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iteration of the algorithm.
For export destinations, quantities are therefore computed taking the foreign quantity indices BY
as fixed. For the domestic market, however, the implied firm-level quantities must satisfy the CES

aggregation condition

1/pP

D

e
f

Consequently, after all firms choose optimal quantities, we aggregate domestic sales across firms

and update the implied domestic quantity index B?. Using the updated quantity index, we recom-

pute the domestic demand shifter
=t
(B)P
and firms recompute their optimal quantity allocations conditional on the updated aggregate state
variables.
The algorithm therefore iterates between firm-level optimization and aggregation in the domestic
market until convergence of both firm-level quantities and the domestic quantity index. In practice,

convergence is accelerated using dampened updates of the form
X(H—l) _ OCX(S_H) + (1 . a)x(s),
where Xt1) denotes the updated value implied by the current iteration and o € (0,1) is a relax-

ation parameter. Iteration continues until

Q) = Qp| <ol
After firms choose destination-specific quantities, the ex post demand shocks uj{t are realized.
Conditional on these realizations, firms set destination-specific prices according to the inverse
demand system
d(nd \pi-1 d d
ch”lt =D, (sz)p exp(&f, ) exp(uf,),

and realized revenues are given by

d d ~d d/ d \pH d d
Ry = Py Q% = D; (th)p exp(eﬂ)exp(uﬂ).

F.1.3 Assuming Nash in Quantities on the Domestic Market

We next consider an alternative market structure in which firms behave competitively in export
markets but play Nash in quantities in the domestic market. Relative to the monopolistic com-
petition case, firms now internalize the effect of their domestic quantity choices on the domestic
CES quantity index. As a result, the domestic quantity index becomes an endogenous object in the

firm’s optimization problem.
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Conditional on the export strategy Q,, firms solve

0+1
D _ D
II;)IX Ey YIO(Q%)’) (B) P exp(gjgt‘f"”?‘t)] —Cft (Q_(})fz"" Z Q?‘z) ) (F.11)
ft d>0

where expectations are taken over future realizations of the ex post demand shocks u’}lt.

The first-order condition for domestic quantities is
IEMIA] oo 01m ool
W = Y, exp(€p)Eulexp(uy,)]
ft
D_ D pdE (Bo)pr
. (pD(gg’ft)P 'BL[(8) 7"+ (0" T
ft

— cr(04+1)(0n)°. (F.12)

The key complication relative to the monopolistic competition case is that firms internalize the

effect of their domestic quantity choices on the aggregate quantity index B?. Consequently, eval-

uating the firm’s optimization problem requires taking expectations over the inverse CES quantity
index, which generally does not admit a closed-form solution.

The domestic quantity index is given by
1/p?
(F.13)

D
B [z@?,w exp(ef) )
J

which implies
~1

(B)) P = [Z(Q%)pb exp(ef, +uf) (F.14)

J
To obtain a tractable approximation to the equilibrium, we replace the expectation of the inverse

CES aggregator with the inverse of the expected CES aggregator:

~1
1 D
E,[(BY) P ]~ ———— | Y (0%)°  exp(e)| . (F.15)
M[ t ] exp(Guz/2) ZJ: ft ( ft)
Using this approximation,
D_
OE[(B) '] pU(Qp)"  exp(ep) (E16)
20! B 2 '
Ot exp(0?2/2) [Z]’(Q(])c,)pl) exp(s})t)}
Substituting this expression into the first-order condition yields
D
(Q},)"" exp(ep,)

J

—1
pPY2(0%,)P"exp(el) [Z(Q?»,)”D exp(s%)] (1 ) =c (8+1)(Qs)°.

(F.17)

- X;(0%)°" exp(e),)
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Define the firm’s domestic market share as
D
o (05" explef)
1 E(00)P7 exple?,)
The first-order condition can then be written compactly as
pDYtOS?z(l _s?t) 0
7= O (F.19)
cr (0+1)(Qrr)
Conditional on the export strategy €, firms solve for the Nash equilibrium iteratively. Given

(F.18)

current values for aggregate output Qy,, firms first solve the monopolistic competition first-order
conditions for export quantities:
1
p* D exp(ef, ) Elexp(uf,)] | ¥
<9+1)CftQ?t ’
Conditional on export quantities, firms then solve equation m for domestic quantities Q?ct.

04 = d>0.

Aggregate output is updated according to

Q) =(0%)+ Y 0%.

deQ ft
After all firms choose quantities, the domestic quantity index is updated using

D
D 1/p

P

= £ (100 et + )
J

Using the updated quantity index, we recompute the domestic demand shifter

0
o_ Y

VL
and firms recompute their optimal quantity allocations conditional on the updated aggregate state

variables.

The equilibrium algorithm therefore proceeds as follows:
1. Guess aggregate output Q ;.
2. Solve the monopolistic competition first-order conditions for export quantities {ch,}d>o~

. Compute domestic market shares s?ct.

W

4. Solve equation for updated domestic quantities (Q%)’ .

91

. Update aggregate output:
Q) = () + Y. 0F.

dGQﬂ
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6. Update the domestic quantity index:

b 1/pP

(B?)/ = [Z ((Q(])‘t)/)p exp(e%—l—u(}t)

J

7. Iterate until

Q1) = Q| < t0l.

After firms choose destination-specific quantities, the ex post demand shocks ujf[ are realized.
Conditional on these realizations, firms set destination-specific prices according to the inverse

demand system

d_
P4 = D47 explef) exp(ut),

and realized revenues are given by

d
R?, = P?,Q?, = Df(lecl)p exp(ejft) exp(ujlct).

F.1.4 Assuming Non-CES Demand on the Domestic Market

We next consider an alternative demand system in which demand on the domestic market deviates
from CES. In particular, we replace the CES revenue function with a Kimball-style specification
(Kimballl, [1995) that allows for state-dependent demand curvature, while maintaining CES demand
and monopolistic competition in export markets.

Under this specification, domestic revenues are given by

QO
R(}t =y exp(e}’, + ujl,)H (B—’(;’ , (F.20)
t
where
H(Z) =x"" exp (—y(InZ)?), (F21)

which nests the CES case when y = 0. This specification can be interpreted as a second-order
approximation to a general Kimball demand system around the CES benchmark.
Second-Order Approximation. To formalize this interpretation, consider a general Kimball de-

mand system in which revenues can be written as

Ry, = Yiexp(eg)H (%—f) , (£22)

where
H(E) =E¥'(%),
and ¥(-) is the underlying Kimball aggregator. The CES case corresponds to H(E) = EP.
To study departures from CES, write

H(Z) = 2Pg(E), (F.23)



where g(E£) = 1 under CES. Taking logs,
InH(E)=pInE+Ing(E). (F.24)
Let z=1InZ and define
m(z) = Ing(e).
Then
InH(E) = pz+m(z). (F.25)
Assuming m(+) is twice continuously differentiable, a second-order Taylor expansion around a

reference point 7 yields
m(z) = m(2)+m'(2)(z—2)+ ém"@ (e=2?+0((z=2)°). (F.26)

Substituting and collecting terms gives

InH(Z) = co+pz+ %m'/(z)zz +0(z%), (F.27)
where
co=m(z) —m'(2)z+ %m"(Z)ZZ, (F.28)
p=p+m'(z)—m"(2)z (F.29)
The constant cg can be absorbed into the aggregate demand shifter Y;. Defining
V= —%mﬁ (2), (F.30)
the approximation becomes
InH(Z) =pInE— y(InZ)>+0((InZ)?). (E31)
Taking the exponent yields
H(Z) = EP exp[—y(InE)*] + O((InE)%). (F32)
Differentiating with respect to InE implies
dl;l—lz(;) =p—2yInE+0((InE)?), (F.33)

so that, to a second-order approximation, the elasticity of demand varies linearly in In .

Hence, the specification
H(Z) =ZPexp[—y(InE)?] (F.34)
provides a tractable second-order approximation to a smooth Kimball demand system around the
CES benchmark, with ¥ governing the extent of departures from constant elasticity.
Optimization. Conditional on the export strategy Q s, firms solve

QO 0+1
Ytoexp(e%Jru%)H(B—fg) —cr <Q§,+ZQ§£,> : (F.35)

t d>0

max [E,
0
Qf[
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Letxs = Q?ct /BY. The first-order condition is

JE, [I1y] 1 -
—aMQo 2 = vPexp(el)Eufexp(uf,)] ol "(Ep) —cr(0+1)(Qs)°. (F.36)
It !
Using the Kimball specification,
H'(Z) = 2" 'exp (—yP(InZ)?) (p? -2y InE), (F.37)

so that the first-order condition becomes

A o9\’ o
Ytoexp(e%)Eu[exp(u%)]E (B—Q’) exp | —yP (m B—fg’) (pD —2yP1n B—{,’) =cr(04+1)(0s)E38)
t 1 1 1

Relative to the CES case, the key difference is that the effective demand elasticity

0}
D _ 5P ft
P v~ ln B0

varies across firms depending on their relative size in the domestic market.

The domestic quantity index is given by
1/p?
, (F.39)

J
as in the CES case. To obtain a tractable approximation, we replace expectations over the demand

B - [2<Q9,>P”exp<ey,+u%>

shocks with their log-normal moments:
E, [exp(u%)] —exp(02/2). (F.40)
Conditional on the export strategy €, firms solve for equilibrium quantities iteratively. Given

current aggregate output Q, firms first solve the monopolistic competition first-order conditions

for export quantities:
1
p*Df exp(ef,)Elexp(uf,)] | 1-°¥

(6+1)cn0f
Conditional on export quantities, firms then solve the nonlinear first-order condition above for

04 = ,  d>0.

domestic quantities Q%.
Aggregate output is updated according to
(Qn) =(Q7)+ ¥ Q%
dGQf,
and the domestic quantity index is updated using
oD 1/p”
(B?)/ = [Z <(Q?‘t)/> exp(e% + ”?t)

J
The equilibrium algorithm proceeds as follows:

1. Guess aggregate output Q ;.
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2. Solve the monopolistic competition first-order conditions for export quantities {Q?l} d>0-
3. Solve the Kimball first-order condition for domestic quantities (Q(]),t)’ .

4. Update aggregate output:
(Q5) = (Q7)' + ), Of

dEfo
5. Update the domestic quantity index:
0 0 v\*" 0.0 "
/ /
(B = | L ((0%))" explef, +uf)

J

6. Iterate until

Q1) = Q| < t0l.

After quantities are chosen, ex post demand shocks are realized, and prices are given by the

inverse demand system implied by the Kimball revenue function:

0
2y &
St 0 -
Qf[

F.1.5 Details of the Estimation

We use a common practitioners’ approach to choosing initial conditions for the nonlinear opti-
mizations based on OLS.
For the factor shares model, we set the initial conditions for the first-step NLLS estimation for

M, based on an OLS estimation of the regression

In(W5Myi/Ryi) = 80+ &mmye + 8k Kyt + SumM pemye + ik pek st ~+ Gy pek 1 + O,
where ¥y is a regression residual. For our multi-destination procedure, we condition the OLS
regression on non-exporters.

For the second step GMM in our multi-destination estimation procedure, we set initial conditions

based on an OLS estimation of the regression

7’% = gkks + gukkys + gpln [R?fz/(sz/Z\fz)} + 6+ 19}/‘1"
For the factor shares model that makes no correction for demand or controls for the aggregate
domestic CES quantity index, we adjust the dependent variable and the demand proxy accordingly.

For the control function approach, we set initial conditions for the second-step GMM based on

an OLS estimation of the regression

= 86 85 B+ gn mp gt kg g e e + 84 kpkpe + grim ik + 07
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,&CF

~CF
where 7 Tt i

represents log revenues net of the residual from the control function first step, and

is a regression residual.
F.2 Single-Market Monte Carlo Simulations

In this appendix, we test the performance of the factor shares single-market estimator from Section
and a single-market version of the control function method from Section when the under-
lying data generating process features just a single market. We thus simulate data as described in
Section [2] assuming there is just a single market. With these simulated data, we estimate output
elasticities and the curvature of the demand function. These simulations extend the Monte Carlo
experiments from Gandhi et al.| (2020) and |Ackerberg et al.| (2023)) to the case of heterogeneous
products with missing output price data, and highlight the advantages of the factor share method
over the control function approach.

For the data generating process, we impose that firms produce with a Cobb-Douglas production

function with one flexible input, materials (M), and one quasi-fixed input, capital (K):
Qs = exp (05 ) MY K" (F41)

with YY = 0.8 and yX = 0.3. Capital updates each period according to the law of motion: K =
0.9K;, 1 417, 1, where 17, = exp(0.8p @y, +0.8¢5,) (Kf:)*”. We fix p = 0.8. While we build
the data according to these restrictions for simplicity, we obviously need not impose any functional
form in the estimation.

Within each replication we draw total expenditures and quantity series, and homogeneous (across
firms) material input prices. At the firm level, we draw initial capital stocks K¢ ~ U(1,201), ini-
tial productivity shocks @y ; ~ N(0,0.01), and initial ex ante demand shocks 71 ~ N(0,0.0009).
We let ® and € update according to the same AR(1) process described in the main text, with
h = 0.8 and where @ ~ N(0,0.01) and &7, ~ N(0,0.0009). We draw ex post demand shocks
up ~ N(0,0.0009). Firm-period quantities, revenues and inputs My, are determined given pro-
ductivity, capital, materials prices and aggregate demand. We simulate 100 samples of a single
industry with 500 firms over 50 periods.’

We estimate in each sample of simulated data the factor shares approach and the control function
approach assuming researchers observe Ry, My, Ky, W,M , B; and Y;. For the factor shares model,

we set initial conditions for the first-step NLLS estimation for M based on an OLS estimation of

SIn the single-market case, we follow closely the experiments presented in Gandhi et al. (2020). Gandhi et al.
(2020) posit a long panel (50 periods) in order to give the control function a reasonable chance to identify the structural
parameters. Since the output elasticity for materials is identified purely from time-series variation in the material input
price, there is little chance that the control function identifies structural parameters in panels of only 10-15 years
(the type of duration one usually observes in balance sheet datasets). In the multi-market simulations below, we can
entertain much shorter panels.
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the regression
W}?Mf[
th

In = 80 +&mms + & kpt + GumMmpmp + gk pik g + G ik e + Ve,

where ¥, is a regression residual. For the second step GMM, we set initial conditions based on an
OLS estimation of the regression

P = gikge + gukkgi + gpBr + Oy,
where ﬁ}t is a regression residual and B; is the true CES quantity index.

For the control function approach, we set initial conditions for the second-step GMM based on

an OLS estimation of the regression

7?;7 = go+gpB:+ g%mﬁ + g?kft + g%mmftmft + gkmkkfrkfz + g%kmftkﬂ + 19}/;7
where ?J%F represents log revenues net of the residual from the control function first step, and ’9}/;
is a regression residual. We denote the resulting control function estimates as “CF 1Is”, since the
GMM starts from the OLS point estimates. We also start the control function estimation from the
true parameter values and refer to the resulting estimates as “CF tr”.

In Figure [FI] we present the distribution of estimates of p and the average material and capital
output elasticities across the 100 samples by estimator, along with the average (“av”) and median

“md”) of the distributions. In the top row we present the case of high input price variation. True
material and capital output elasticities are constant across firms and over time (6 =YY = 0.8 and
0% =y =0.3), and are depicted with vertical black lines.

The distribution of the estimates from the factor shares approach is depicted in solid blue. For
each empirical object p, X , oM, the distribution of estimates appears to be centered on the true
values. Averages and medians of the distributions are identical with the truth out to at least two
decimal places. Similarly, the distribution of the control function estimates taking true values as
the initial conditions (black solid line) also appears to be centered on the truth, with averages and
medians of distributions identical to the truth out to at least two decimal places. The distribution
of the solid blue line is clearly narrower than the distribution of the solid black line, indicating that
the factor shares approach is more efficient.

In contrast, when the second step of the control function method starts the optimization algo-
rithm from the OLS values (black dashed line), the distributions of estimates are clearly biased.
Estimates of p and oM tend to center around 1, and estimates of X center around 0. These values
coincide roughly with the median results from a naive OLS estimate of the production function
(depicted with a vertical red line).

Also in Figure we present in the bottom row the distribution of estimates for the case of

%Estimated material and capital output elasticities vary both due to sampling error and with the level of capital
because we allow for higher order terms in capital and interactions between inputs in the estimation process (see
equations (24) and (25))).
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Figure F.1: Parameter Estimates in the Single-Market Simulations
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Notes. The figure reports the distribution of averages of estimates across 100 Monte Carlo samples. Top (bottom) row
presents results for high (low) input price variation. True parameter values are depicted as vertical lines. Averages
(“av”) and medians (“md”) of distributions for each estimator are reported below each subfigure. “FS” indicates
the factor shares method. “CF - Is” indicates control function method where the GMM optimization starts from the
OLS values. “CF - tr” indicates control function method where the GMM optimization starts from the true model
parameters. Red line indicates the median estimate based on an OLS regression.

low input price variation. The factor shares method still recovers unbiased estimates of structural
parameters. However, the estimates from the control function method are biased even when the
GMM optimization starts from the true parameters. As explained by Nelson & Startz (1990),
instrumental variables estimators are biased towards OLS in finite samples with weak instruments.
We can see this pattern from the medians of the distributions in solid black. The distributions are
wide, and outliers severely distort the means, but the medians indicate that the estimates of oM are
biased up and the estimates of oX are biased down, as they are in OLS. This is the same pattern
found in Monte Carlo simulations by Gandhi et al. (2020) for the single-market case in which
quantities are observed.

Comparing the solid black line to the dashed black line, it is clear that the control function is
sensitive to initial starting conditions. We explore this sensitivity further by plotting the distri-
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bution of parameter estimates from the control function method when varying systematically the
initial values of the second step of the GMM procedure below. We run the same Monte Carlo
simulations as in the main text. We vary initial conditions for 8§ € {0,0.05,0.1,0.15,0.2,0.25},
/3(1)” € {0.2,0.3,0.4,0.5,0.6,0.7,0.8} and [3({{ € {0,0.1,0.2,0.3,0.4}. We compute the GMM so-
lution starting from every combination defined by these three sets. Recall that the true parameter
values are B2 =1—p =0.2, B¥ = po™ = 0.64 and BX = pcX =0.24.

In Figure [F.2] (E3), we present results when the data is simulated with a high (low) degree of
time series variation in material input prices. We display the distribution of GMM solutions for
each parameter for two different Monte Carlo samples, one in each row. Results starting from the
OLS estimates are depicted with a vertical red dashed line. Results from all other starting values
are depicted in solid bars in blue.

In Figure [F:2] we see that the estimates based on the OLS initial values coincide with the results
in Figure starting from the OLS values, the GMM solution tends towards p = 1, 6™ = 1, and
oK =0 (red dashed line). In Figure we also see that when the GMM starts from other initial
conditions there is a mass point of convergence around the same values, although we also see other
mass points. This bunching pattern is consistent with |Ackerberg et al. (2023).

In Figure we see that the estimates converges more often towards the OLS results. That
is, the distribution is bunched more tightly around the OLS estimates than in Figure This is
what we would expect, as with low input price variation, the GMM suffers from weak instruments,

which tends to bias the estimates towards the OLS result.
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Figure F.2: Different Starting Values for Control Function Estimation, High Material Price Varia-

tion
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Notes. The figure reports the distribution of estimates of p and averages of estimates of factor output elasticities
resulting from the control function method taking different parameter vectors as starting values for the second-step
GMM procedure. Each row reports results for a single Monte Carlo sample. Data is generated based on the single-
market scenario described in Section [F.2] with high input price variation. The true parameter values are p = 0.8,

oM =0.8 and X =0.3.
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Figure F.3: Different Starting Values for Control Function Estimation, Low Material Price Varia-
tion
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Notes. The figure reports the distribution of estimates of p and averages of estimates of factor output elasticities
resulting from the control function method taking different parameter vectors as starting values for the second-step
GMM procedure. Each row reports results for a single Monte Carlo sample. Data is generated based on the single-
market scenario described in Section [F.2] with low input price variation. The true parameter values are p = 0.8,
oM =0.8 and X =0.3.
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G Additional Monte Carlo Simulation Results

G.1 Baseline Simulations

Figure G.1: Distribution of Parameter Estimates, Multi-Destination Factor Shares Approach
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Notes. The figure reports distributions of point estimates across 500 simulations estimated by our multi-destination
factor shares approach. Means (“av est”) and medians (“md est”) of each distribution is reported below each subfigure.
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Figure G.2: Distribution of Parameter Estimates, Alternative Factor Shares Approach
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Notes. The figure reports distributions of point estimates across 500 simulations estimated by alternative factor shares
approaches. Means (“av est”) and medians (“md est”) of each distribution is reported below each subfigure. “ARX”
refers to the estimator from |Aw et al.| (2011) that imposes constant returns to variable inputs. “SMC” refers to the
single market correction model (appendix of |Gandhi et al. (2020)) “NoD” refers to the estimator in which revenues
are deflates by an industry wide deflator and the resulting series is treated as if were a quantities series (main text of

Gandhi et al.| (2020)).
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Figure G.3: Distribution of Parameter Estimates, Control Function Methods
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Notes. The figure reports distributions of point estimates across 500 simulations. Means (“av est”) and medians
(“md est”) of each distribution is reported below each subfigure. “DL” refers to the multi-destination control function
estimator of [De Loecker| (2011). “SMC” refers to the single market correction model, estimated by control function.
“NoD” refers to the estimator in which revenues are deflates by an industry wide deflator and the resulting series is
treated as if were a quantities series (control function approach described in the main text of |(Gandhi et al.|(2020)).
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Table G.1: Monte Carlo Experiments, DGP Oligopoly, 200 Firms

oM ok o0 m
True Value 0.8000 0.3000 0.8000 0.0500
Factor Shares
. . 0.7946 0.2981 0.8010 0.0492
Multi-Market Demand Correction (BOR) (0.0988) (04273) (0.0888) (0.0211)
. . 0.7832 0.6260 0.2577
Multi-Market, Constant Variable Returns to Scale (ARX) - (0.1034) (0.0023) (0.0363)
. . 0.6810 0.0756 0.8337 0.0325
Single Market Demand Correction (SMC) (57047) (2.9753) (02159) (0.4084)
. 0.5689 0.0702 0.0292
No Demand Correction (NoD) (0.0072) (0.2209) - (0.0151)
Control Function
. . 1.1367 -0.0516 0.9996 -0.0036
Multi-Market Demand Correction (DL) (0.50) (0.07) (0.192)  (0.005)
. . 0.9504 -0.0252 1.1323 0.0047
Single Market Demand Correction (CF-SMC) (022) (0.0663) (0.1794) (0.0076)
. 1.0873 -0.0300 0.0039
No Demand Correction (CF-NoD) (0.0884) (0.1295) (0.0106)

Notes: Table reports median and standard deviation of parameter estimates across 500 simulated data samples, by estimator.
Data generating process includes 4 destination markets, 200 firms, and 10 time periods. True parameter values are reported
in the first row. Additionally, all foreign p¢ = 0.6 for d # 0. Firms play Nash in quantities on the Domestic market, but
monopolistic competition on the foreign markets.
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Table G.2: Monte Carlo Experiments, DGP Oligopoly, 40 Firms

M

K

0

9 9 p u
True Value 0.8000 0.3000 0.8000 0.0500
Factor Shares
. . 0.8047 0.3455 0.7705 0.0552
Multi-Market Demand Correction (BOR) (21549) (07614) (0.2282) (0.1853)
. . 0.8331 0.5963 0.2567
Multi-Market, Constant Variable Returns to Scale (ARX) - (02213) (0.0055) (0.0556)
. . 0.7492 0.2746 0.7775 0.0369
Single Market Demand Correction (SMC) (0.5387) (04966) (0.2273) (0.0378)
. 0.5835 0.2267 0.0317
No Demand Correction (NoD) (0.0081) (0.6127) - (0.0216)
Control Function
. . 1.0934 -0.0535 1.0612 -0.0006
Multi-Market Demand Correction (DL) (0.32) (0.11) (0250)  (0.004)
. . 0.9744 0.0034 1.0684 0.0021
Single Market Demand Correction (CF-SMC) (035)  (04728) (0.1900) (0.0590)
. 1.0874 -0.0093 -0.0014
No Demand Correction (CF-NoD) (0.2325) (03630) (0.0331)

Notes: Table reports median and standard deviation of parameter estimates across 500 simulated data samples, by estimator.
Data generating process includes 4 destination markets, 40 firms, and 10 time periods. True parameter values are reported
in the first row. Additionally, all foreign p¢ = 0.6 for d # 0. Firms play Nash in quantities on the Domestic market, but
monopolistic competition on the foreign markets.
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Table G.3: Monte Carlo Experiments, Kimball Demand, v = .005

M K 0

c c P u
True Value 0.8000 03000  0.8000  0.0500

Factor Shares
0.7969 0.2939 0.8677 0.0496
(0.0825) (0.3939) (0.0812) (0.0239)

0.9365 0.6784 0.3362
(0.2458) (0.0027) (0.0876)

0.6742  0.0798  0.8750  0.0400
(0.8831) (0.7946) (0.2453) (0.0684)
0.5900  0.0806 0.0350

No Demand Correction (NoD) (0.0103) (0.5379) - (0.0176)

Multi-Market Demand Correction (BOR)

Multi-Market, Constant Variable Returns to Scale (ARX) -

Single Market Demand Correction (SMC)

Control Function

1.1787  -0.0646  0.9694  -0.0054
(121)  (0.11)  (0.247) (0.011)

0.9763 -0.0399 1.1085 0.0035
(0.23) (0.0616) (0.1778) (0.0093)

1.1108 -0.0519 i 0.0026
(0.1713) (0.3978) (0.0153)

Notes: Table reports median and standard deviation of parameter estimates across 500 simulated data samples, by estimator.
Data generating process includes 4 destination markets, 200 firms, and 10 time periods. True parameter values are reported
in the first row. Additionally, all foreign p¢ = 0.6 for d # 0. Demand follows the Kimball-inspired extension from Appendix
F.1.4|on the Domestic market with y = .005, but CES on the foreign markets.

Multi-Market Demand Correction (DL)

Single Market Demand Correction (CF-SMC)

No Demand Correction (CF-NoD)
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H Data

Firm-level balance sheet information is reported in the FICUS (Fichier complet unifié de SUSE)
and FARE (Fichier Approché des Résultats ESANE) datasets, which cover the periods 1994-2007
and 2008-2016, respectively. These data originate in tax declarations of all firms in France, and
are collected by the French National Institute of Statistics and Economic Studies, INSEE. We use
total revenue, expenditure on materials, employment and the book value of capital.

We construct capital stocks following the methodology proposed by Bonleu et al.| (2013)) and
Cette et al.| (2015). We start with the book value of capital. Since the stocks are recorded at
historical cost, i.e., the value at the time of entry into the firm i’s balance sheet, an adjustment has
to be made to move from stocks valued at historic cost (Kfs‘f ;) to stocks valued at current prices
(Kis:)- We deflate KB by an industry-specific price index (sourced from INSEE) that assumes that
the price of capital is equal to the sectoral price of investment T years before the date when the first
book value was available, where T is the corrected average age of capital, hence Pf,z = pit_T.
The average age of capital is computed using the share of depreciated capital, DKfs‘ft in the capital
stock at historical cost:

DKBV

St
T = BlV x A

i,8.t

o Kot
A= medlanigs W

i,8,t

where

where S the set of firms in a sector. We use the median value A to reduce the volatility in the data,
as investments within firms are discrete events.

Data on firms’ exports are from the French Customs. For each observation, we know the value of
exports of the firm. We use the firm-level SIREN identifier to match the trade data to FICUS/FARE.
This match is not perfect. The imperfect match is because there are SIRENSs in the trade data for
which there is no corresponding SIREN in FICUS/FARE. This may lead to measurement error:
for some firms, we will observe zero exports even when true exports are positive. This is not a big
concern because most of the missing values are in the oil refining industry, which we drop from

our sample.
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Table H.1: Sample Descriptive Statistics

[5Y

Revenue Labor Materials Capital No. No. Percent

No. Industry (mn euros) (employment) (mn euros) (mn euros) Obs. firms  exporters exporters

1 Autos and transport equipment Mean 40.11 165 26.73 23.05 49787 5442 2765 50.8
Median 1.06 10 0.42 0.23

2 Chemical products Mean 52.45 98 29.64 28.07 51026 4863 3457 71.1
Median 2.36 14 0.94 0.56

3 Computer, electronics Mean 11.36 62 5.18 4.96 51259 5610 3116 55.5
Median 0.84 8 0.27 0.13

4 Electrical equipment Mean 13.16 71 7.02 5.17 41656 4524 2293 50.7
Median 0.97 9 0.35 0.13

5 Food, beverage, tobacco Mean 3.13 13 1.84 1.21 877611 112159 7481 6.7
Median 0.24 4 0.08 0.1

6 Machinery and equipment Mean 3.83 23 1.75 1.03 317346 34333 11168 325
Median 0.56 5 0.18 0.09

7 Basic metal and fabricated metal Mean 4.33 27 1.9 2.19 353198 33830 12936 38.2
Median 0.8 9 0.16 0.23

8 Other manufacturing Mean 1.56 12 0.61 0.55 245180 30513 6516 21.4
Median 0.22 3 0.05 0.06

9 Rubber and plastic Mean 6.95 39 3.07 4.16 161240 15941 6951 43.6
Median 0.89 8 0.3 0.27

10 Textiles, wearing apparel Mean 3.32 24 1.41 0.99 147372 21285 9055 42.5
Median 0.49 6 0.14 0.08

11 Wood, paper products Mean 2.75 17 1.21 1.62 293482 32161 9739 30.3
Median 0.47 5 0.11 0.14

Total Mean 545 25 2.88 2.56 2589157 300661 75477 25.1

Median 0.38 5 0.11 0.11

Notes. The table reports descriptive statistics for the estimation sample, where capital is the book value reported by the firm and materials are expenditures.
Exporters are defined as firms that exported at least once during the sample. Source: FICUS/FARE datasets and French Custom:s.



Table H.2: Percent exports in revenue for exporters

No. Industry Mean p5 plO0O p50 p90 p95  Pct. exporters
1 Autos and transport equipment 147 02 04 59 431 559 50.8
2 Chemical products 225 02 06 114 646 775 71.1
3 Computer, electronics 196 02 0.5 85 583 741 55.5
4 Electrical equipment 155 02 05 6.1 465 6038 50.7
5 Food, beverage, tobacco 102 0.1 0.1 2.8 314 486 6.7
6 Machinery and equipment 124 0.1 03 41 385 572 32.5
7 Basic metal and fabricated metal 10.5 0.1 03 3.5 31.7 478 38.2
8 Other manufacturing 128 02 05 49 382 532 21.4
9 Rubber and plastic 115 01 02 37 36 522 43.6
10 Textiles, wearing apparel 179 04 08 95 48.6 623 42.5
11 Wood, paper products 78 01 01 1.6 237 419 30.3
Total 128 0.1 03 43 398 56.7 25.1

Notes. The table reports the distribution of the percent of exports in revenue for exporters in the estimation
sample. The last column reports the percent of exporters. Percent exports in revenue for exporters is
computed for firms and years in which exports are positive. Source: FICUS/FARE datasets and French
Customs.
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I Partial Equilibrium Quantification

In this appendix, we derive the equations from the main text for the partial equilibrium quantifi-
cation exercise. The goal is to quantify the effect of a change in t¢ and 7, (homogeneous tariff
change across d) on destination-specific and total revenues of French firms.

We first derive the expressions that are consistent with the multi-destination model from Section
[2l These expressions nest the model that assumes constant returns to variable inputs. For the case
of a destination-specific tariff change, the single-market model is misspecified, but we discuss how
to approach quantification with this model.

We begin with the most general formulation, and then simplify when required. We will use the
FONC from the text to derive expressions for firm-destination export value and total firm-level
revenues in terms of trade costs (T,d ), observables ()(J‘ft), and parameters.

Starting from the multi-destination model from Section [2] re-writing equation (9)), for any desti-
nation d € 0|JQy;:

1+-L L
(Qr) o (X}i;)"dD?t = As. LD

with DY, = (1+1/n) D{ exp(ef,)E[exp(u)] and where A is the lagrangian associated to the
i

constraint. Recall that n? = P

< —1. We need to solve for A in terms of G}f and substitute
back into this expression.

Substituting with the definition of x}lt and rearranging we find

d 5a 171 5
of=|0ndh| " AL (1.2)
Substituting (L.T]) into the materials FOC (7):
90
wM =2 : 13
t ft aMft ( )
Using
dIn d M
olf = Qe _ 0 Myt (1.4)
alan, 8Mﬂ th
we obtain:
WMM;
Ay =t (L5)
o
ft
We now eliminate M, using the elasticity definition. Integrating (L.4) yields:
InQys = o InMy +cp, (L6)
where cy; is a constant of integration. Now exponentiating and inverting
—1/cM 1/cM
Mp=x;, " "0, " (1.7)

with Kfl‘ = eXp(Cﬂ)
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Substituting into A;:
wM o
—1
e /off fot (I.8)

)Lft — —7s .
G%I ft t
Define:
. _ WM ey
K = GtM o " (1.9)
ft
which does not depend on . Then:
L
(1.10)

1+6
Apr = Kfth, = KftQ .

with 1/ Cp = 1 + 6f;. The term 6y, reflects the elasticity of marginal cost with respect to output
0, then we have constant marginal costs with respect

when labor and capital do not adjust. If 87, =

toM.
Now substitute back into ([.2)
-n? 4 146,\1
o = D% 0" (Rnoy ™)
n -n? %6
= ('%) <D§’q> (sz) @L11)
Summing over d € 0{JQ; and dividing by Q;:
_oNnd (=g \ " 4gp— r
=Y (&)™ (04) Q" ! (L12)
d
Taking logs
0=1In [Ze(nd)ln '?ffe(—n”’)lnD?te(n”’Gfr—l)anﬂ] (L13)
d
Substituting (L.11)) into (2),
d
d /. \— exp(u
Rl — (i)™ ()" gl S (L14)
(1 + W) Elexp(u)]
and aggregating over destinations:
k
- k ~ - l+n 6 1 exp(u )
Rp = Zsz Z K f)n (Dl;‘t> Qj(‘t e | L : (L.15)
(1 + F) Elexp(u)]
I.1 Elasticities with respect to destination-specific tariff cut
Totally differentiating (I.13)) we obtain:
0= fo, [n dn &, —ndInDY, (n eﬂ—1) danf,}. (1.16)

54



Since D9, =

b1 o< (Ttd><l+”d> we have:

dinQn  xf(1+n)

<0. 1.17)
dInt¢ kaﬂ( nk0s +1)
Taking derivatives of destination-specific flows we obtain
dInR?
= (14n?)+ (1+ d)e nCr L18
dlntd M ) I dined (@18)
and for j #£ d
dInR’ . dInQ
ft ft
= (I+n’)6 >0 1.19
dlntd ) O e d @19

An increase in ¢ effects sales of firm f in market d via two channels. The first term in is
negative and captures the direct effect via optimal pricing, holding marginal costs constant. The
second term in is positive and captures the effect of lower sales on marginal costs. While
the second term dampens the main negative effect, it does not overturn it. Hence, an increase in T,d
must lower sales in d. An increase in ¢ affects sales in market f only via the reduction in marginal
costs, and hence is always positive.

Combining the two effects, we can also compute the effect on total firm-level revenues, which

can be negative or positive. Taking logs of and taking derivatives w.r.t. In Ttd , and defining

_nk k(141
Elj‘t = (R'ft)nk (Dl}t> ! eXp(”ft)( o) nk) , we have

Elexp(u)]
10!, (1+n7) 140" 0/ (141%) dnQy,
mr, () ot R () g0 (1m0l T
lnT;l th
d sz
= xf(1+n? )+9ﬂ T Z x5 (1+1%) (1.20)
Setting 1 = n* for all k, and substltutmg with (.17
lan[ 1—|— Gfl d
el = (1+mn) (1_—776jz Xfi (1.21)

which is what we actually compute in the data.

With estimates of n¢, 0'%[ , and data on x]‘ft, we can compute the change in destination-specific
and total revenues of French firms for a change in 7¢. We use R‘fll /R ; as an approximation for )(J‘ft
and we use our estimate of 1 from the domestic market for all destinations.

Since the multi-market model nests the constant-VRTS model from |Aw et al.| (2011)), we can
compute the analogous prediction based on this estimator by simply setting 67, = 0 in ([.18) and

(L.19), and using the estimates of 1 from[J.5]
The single-market model from Klette & Griliches (1996)) is misspecified when firms in fact
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serve multiple destination markets. Nevertheless, to facilitate comparison across estimators, we
substitute the estimated values of 6, and n? frominto and and compute the implied
revenue elasticities. These quantifications should therefore be interpreted with caution, since the
underlying empirical exercise is not fully consistent with the economic environment assumed by
the model.

1.2 Elasticities with respect to homogeneous tariff cut

Starting from (I.13)), and taking derivative with respect to a homogeneous change in tariffs dIn 7, =
dInt? for all d
k 1 k
dinQy  Laxf (1+1%)
dint, Y, xf (—n*6p +1)
Taking derivatives of destination-specific flows with respect to a homogeneous change in tariffs
dInt, = dInt? for all d yields
dInR4

fr d d dInQg
T = (1+n >+<1+n )e)ﬂ dine <0 (1.23)

<0. (1.22)

for any destination d, but with d;?nQT{ ' given by ([22).
This expression turns out to be equal to the elasticity of total firm-level revenues with respect to
dIn7; when n¥ is homogeneous across destinations.
Taking logs of and taking derivatives w.r.t. InT
¢ 05 (14n%) dInQy,

X 1+ 14+n
nR;  Lk(l+n )(f:) Q 2+ Xk (Tz> X 0n(1+1%0; T
lnT[ o th

Gﬁ 1+T}

dinQy
= Y x5 (140" +6p T /! [ij’i,(l +n% (1.24)
k nTt X
Setting 7 = n* for all k, and substituting with (T.22)
InR4 InR 1+0
ft ft ft

= = ( A 1.25
In,  In7 (147) 1-n6y (1.25)
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I.3 Quantification results
Figure I.1: Responses to Tariff Increase Experiments across Estimators

10% US Tariff 10% World Tariff
50 10

.50 -

Change in Firm-level Exports to US (%)
o]
Change in Firm-level Revenues (%)

—©— BOR —%— Constant VRTS [ Single Market Correction

Notes. The figure reports responses of French firm exports to the US from a 10% increase in US import tariffs (left)
and total firm-level revenues to a 10% increase in world-wide import tariffs (right). Estimates based on data from
2015. Markers indicate median estimates across firms within the industry. Vertical bars represent the inner quartile of
estimates across firms within the industry. Results for Other manufacturing, Rubber and Plastics, and Wood and Paper
for Single Market Correction are not defined, since the estimate 7 > —1.
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J Additional Results from French Manufacturing

In this section, we first report the detailed results that are presented in the paper graphically and
then report two additional sets of results. The first allows for dynamic, partial adjustment for labor
and serves as a robustness check for the main results. The second set of results applies the control
function method, which is just for comparison, as we expect finite sample bias and weak moments

problem:s.

J.1 Results with pre-determined labor

58



Table J.1: Estimates using Multi-Market Estimator, Predetermined Labor Input

6S

Industry oM ol ok RTS p° n'= ﬁ U h w/(1—h)
Autos and transport equipment 0.403 0.524 0.170 1.096 0.930 -14.340 0.014 0.818 0.075
(0.008) (0.017) (0.011) (0.022) (0.018) (4.419) (0.003) (0.013)  (0.014)
Chemical products 0.387 0.536 0.177 1.100 0.947 -18.815 0.013 0.875 0.105
(0.009) (0.017) (0.011) (0.017) (0.015) (8.004) (0.002) (0.016)  (0.016)
Computer, electronics 0.334 0.576 0.137 1.046 0914 -11.675 0.019 0.845 0.119
(0.009) (0.017) (0.008) (0.025) (0.022) (5.379) (0.003) (0.008)  (0.017)
Electrical equipment 0.387 0.519 0.141 1.047 0911 -11.229 0.015 0.839 0.095
(0.012) (0.018) (0.009) (0.029) (0.026) (6.433) (0.003) (0.011)  (0.016)
Food, beverage, tobacco 0.489 0.537 0.328 1.354 0.718 -3.541 -0.005  0.783 -0.022
(0.009) (0.010) (0.007) (0.025) (0.014) (0.169) (0.002) (0.006)  (0.010)
Machinery and equipment 0.343 0.686 0.146 1.175 0.813 -5.361 0.028 0.796 0.137
(0.006) (0.013) (0.005) (0.021) (0.014) (0.391) (0.002) (0.006)  (0.007)
Basic metal and fabricated metal ~ 0.279 0.765 0.231 1.275 0.770 -4.342 0.008 0.845 0.053
(0.006) (0.018) (0.007) (0.029) (0.018) (0.324) (0.001) (0.004)  (0.007)
Other manufacturing 0.270 0.617 0.219 1.106 0.838 -6.182 0.025 0.852 0.167
(0.005) (0.012) (0.006) (0.021) (0.016) (0.634) (0.001) (0.006)  (0.009)
Rubber and plastic 0.377 0.528 0.201 1.106 0.901 -10.129 -0.001  0.870 -0.005
(0.008) (0.012) (0.009) (0.024) (0.020) (2.751) (0.001) (0.008)  (0.008)
Textiles, wearing apparel 0.335 0.531 0.226 1.092 0.817 -5.476 0.040 0.895 0.380
(0.020) (0.031) (0.015) (0.065) (0.047) (1.680) (0.003) (0.004)  (0.019)
Wood, paper products 0.314 0.731 0.199 1.245 0.789 -4.744 0.018 0.837 0.112

(0.005) (0.012) (0.005) (0.020) (0.013)  (0.283)  (0.001) (0.006)  (0.007)

Notes. The table reports estimates based on the multi-market estimator, treating labor as predetermined (like capital): average output
elasticities 6/ for materials input (j = M), labor (j = L) and capital (j = M), overall returns to scale (RTS), the demand elasticity on the
domestic market % = 1/(p® — 1), the coefficient to learning by exporting i, the persistence parameter in the controlled Markov h, and
the long run effect of exporting /(1 — ). Bootstrap standard errors clustered by firm in parentheses.



Figure J.1: Returns to Scale by Industry

autotrans chemic comelectro
== o« l=+)
D - Lo D
[+ [+] [+']
@ * @
2z s =
s » =
E £ E
= s =
[} [:F} L5}
@ o 4
Log Capital Log Capital Log Capital
electriequ foobevtob machequ
@ @© @
=R [Py o
[o] [v] [i]
@ @ @
2l 23 23
0 3 [}
E £ E
2«4 2 2
7 [:F) [
4 v 14
Log Capital Log Capital Log Capital
metal othermanu rubpla
= | @ = |
o O o
[} [1] [}
@ @ @
23 e 23
n w w
=4 c =4
El S El
AN T A
o o o«
Log Capital Log Capital Log Capital
texapp woopap
@ | @ |
S Do
m [+
@ @
2l s
s »
Z Z
E S
AN Tl
3 o
Log Capital Log Capital

Notes. This figure presents estimated returns to scale via the multi-market factor shares estimator by firm-year against
log of capital. These are built using the same specification in TableEI, where labor is assumed to be pre-determined.
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Table J.2: Estimates using no Demand Correction, Predetermined Labor Input

Industry oM ol ok RTS p n= (pl—l) u h w/(1—h)
Autos and transport equipment 0.363 0.544 0.147 1.054 - - 0.043 0.932 0.629
(0.004) (0.010) (0.007) (0.009) (0.004) (0.010)  (0.057)
Chemical products 0.367 0.512 0.165 1.045 - - 0.024 0.968 0.749
(0.004) (0.013) (0.010) (0.006) (0.004) (0.006)  (0.077)
Computer, electronics 0.300 0.534 0.148 0.981 - - 0.038 0.939 0.627
(0.005) (0.010) (0.006) (0.007) (0.003) (0.006)  (0.048)
Electrical equipment 0.340 0.485 0.145 0970 - - 0.034 0.953 0.713
(0.004) (0.010) (0.008) (0.007) (0.004) (0.005)  (0.062)
Food, beverage, tobacco 0.346 0.401 0.160 0.907 - - 0.092 0.922 1.187
(0.001) (0.004) (0.002) (0.005) (0.003) (0.002)  (0.039)
Machinery and equipment 0.283 0.558 0.109 0.950 - - 0.054 0.880 0.451
(0.003) (0.006) (0.003) (0.007) (0.002) (0.007)  (0.019)
Basic metal and fabricated metal ~ 0.218 0.596 0.155 0.969 - - 0.035 0.930 0.501
(0.001) (0.004) (0.003) (0.002) (0.001) (0.002)  (0.012)
Other manufacturing 0.224 0.531 0.168 0922 - - 0.039 0.943 0.691
(0.003) (0.006) (0.004) (0.007) (0.002) (0.002)  (0.039)
Rubber and plastic 0.334 0.493 0.181 1.007 - - 0.016 0.971 0.551
(0.003) (0.006) (0.005) (0.004) (0.002) (0.002)  (0.035)
Textiles, wearing apparel 0.269 0.456 0.170 0.894 - - 0.041 0.951 0.829
(0.002) (0.005) (0.003) (0.005) (0.002) (0.002)  (0.025)
Wood, paper products 0.251 0.579 0.147 0977 - - 0.035 0.950 0.700
(0.001) (0.004) (0.003) (0.003) (0.002) (0.002)  (0.021)

Notes. The table reports estimates without correcting for demand at all, using the factor share approach, treating labor as predetermined
(like capital): average output elasticities 6/ for materials input (j = M), labor (j = L) and capital (j = M), overall returns to scale (RTS),
the demand elasticity n = 1/(p — 1), the coefficient to learning by exporting , the persistence parameter in the controlled Markov #,
and the long run effect of exporting /(1 — k). Bootstrap standard errors clustered by firm in parentheses.
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Table J.3: Estimates using Single-Market Estimator (SMC), Predetermined Labor Input

Industry oM ol ok RTS p n= ﬁ u h w/(1—h)
Autos and transport equipment 0.376 0.557 0.161 1.094 0.966 -29.731 0.024 0.795 0.117
(0.005) (0.011) (0.007) (0.009) (0.004) (3.731) (0.003)  (0.019)  (0.012)
Chemical products 2.447 3.411 1.127 6.986 0.150 -1.176 0.097 0.872 0.752
(0.426) (0.605) (0.208) (1.220) (0.025) (0.035) (0.020) (0.018)  (0.173)
Computer, electronics 0.392 0.711 0.184 1.287 0.764 -4.239 0.031 0.837 0.193
(9.733) (21.734) (5.667) (37.134)  (0.099) (1.287) (1.277)  (0.010)  (9.842)
Electrical equipment 0.468 0.689 0.186 1.343 0.726 -3.656 0.030 0.834 0.184
(0.021) (0.030) (0.012) (0.054) (0.029) (0.393) (0.003) (0.012)  (0.017)
Food, beverage, tobacco 1.579 1.812 0.773 4.164 0.219 -1.281 0.158 0.849 1.046
(0.059) (0.071) (0.033) (0.160) (0.008) (0.014) (0.008)  (0.005)  (0.051)
Machinery and equipment 0.500 0.990 0.194 1.684 0.566 -2.302 0.061 0.793 0.297
0.077) (0.157) (0.041) (0.274) (0.048) (0.164) (0.007)  (0.014)  (0.081)
Basic metal and fabricated metal 0.421 1.090 0.349 1.861 0.517 -2.071 0.026 0.850 0.177
(0.012) (0.028) (0.013) (0.051) (0.015) (0.063) (0.001)  (0.006)  (0.011)
Other manufacturing -0.370 -0.866 -0.324 -1.560 -0.605 -0.623 -0.036 0.876 -0.291
(0.075) (0.178) (0.062) (0.316) (0.182) (0.050) (0.008)  (0.007)  (0.053)
Rubber and plastic -0.849 -1.243 -0.480 -2.572 -0.393 -0.718 -0.008 0.872 -0.064
(0.092) (0.142) (0.045) 0.277) (0.051) (0.024) (0.002)  (0.009)  (0.016)
Textiles, wearing apparel 0.180 0.308 0.113 0.601 1.495 2.020 0.027 0.894 0.255
(0.003) (0.006) (0.003) (0.011) (0.026) (0.105) (0.001)  (0.004)  (0.009)
Wood, paper products -39.831 -90.764 -24.737 -155.332  -0.006 -0.994 -2.691 0.850 -17.947

(1682.106) (3850.091) (1048.955) (6581.140) (0.056) (0.056) (111.573)  (0.007) (754.691)

Notes. The table reports estimates based on the single-market estimator a la Klette & Griliches|(1996), using the factor share approach,
treating labor as predetermined (like capital): average output elasticities 6/ for materials input (j = M), labor (j = L) and capital (j = M),
overall returns to scale (RTS), the demand elasticity 1 = 1/(p — 1), the coefficient to learning by exporting i, the persistence parameter
in the controlled Markov 4, and the long run effect of exporting /(1 — &). Bootstrap standard errors clustered by firm in parentheses.
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Table J.4: Estimates using Single-Market Estimator (SMC) on Sample of Non-Exporters, Predetermined Labor Input

Industry oM ol ok RTS p n= ﬁ h w/(L—nh)
Autos and transport equipment 0.376 0.568 0.171 1.115 0.966 -29.155 0.801 -
(0.005) (0.011) (0.007) (0.010) (0.004) (3.631) (0.019)
Chemical products 2.704 3.841 1.282 7.826 0.136 -1.157 0.872 -
(0.542) (0.783) 0.271) (1.579) (0.025) (0.034) (0.018)
Computer, electronics 0.465 0.858 0.238 1.560 0.645 -2.816 0.843 -
(0.180) (0.388) 0.112) (0.679) (0.108) (0.576) (0.009)
Electrical equipment 0.479 0.715 0.209 1.404 0.710 -3.448 0.838 -
(0.022) (0.032) (0.013) (0.058) (0.029) (0.358) (0.012)
Food, beverage, tobacco 1.522 1.760 0.782 4.063 0.228 -1.295 0.856 -
(0.056) (0.068) (0.032) (0.154) (0.008) (0.014) (0.005)
Machinery and equipment 0.513 1.035 0.219 1.767 0.551 -2.227 0.804 -
(0.103) (0.213) (0.059) (0.375) (0.052) (0.163) (0.014)
Basic metal and fabricated metal 0.428 1.118 0.368 1.914 0.509 -2.037 0.853 -
(0.012) (0.029) (0.014) (0.054) (0.015) (0.062) (0.006)
Other manufacturing -0.321 -0.773 -0.291 -1.385 -0.697 -0.589 0.881 -
(0.066) (0.162) (0.058) (0.286) (0.309) (0.148) (0.006)
Rubber and plastic -0.847 -1.248 -0.482 -2.577 -0.394 -0.717 0.871 -
(0.091) (0.142) (0.045) (0.276) (0.050) (0.024) (0.009)
Textiles, wearing apparel 0.176 0.315 0.127 0.618 1.526 1.900 0.913 -
(0.003) (0.007) (0.004) (0.012) (0.029) (0.104) (0.003)
Wood, paper products -5.893 -13.578 -3.828 -23.300 -0.043 -0.959 0.853 -
(974.575) (2249.828) (626.628) (3850.850) (0.056) (0.053) (0.007)

Notes. The table reports estimates based on the single-market estimator a la Klette & Griliches|(1996), using the factor share approach,
treating labor as predetermined (like capital), where we restrict the sample to non-exporting firms: average output elasticities ¢/ for
materials input (j = M), labor (j = L) and capital (j = M), overall returns to scale (RTS), the demand elasticity n = 1/(p — 1), the
coefficient to learning by exporting {, the persistence parameter in the controlled Markov &, and the long run effect of exporting
u/(1—h). Bootstrap standard errors clustered by firm in parentheses.
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Table J.5: Estimates using the approach of Aw et al.|(2011), Predetermined Labor Input

Industry oM ol ok RTS p? n' = (,)01771) p* nt = ﬁ U h w/(1—h)
Autos and transport equipment 1.000 1.016 0.245 2.261 0.735 -3.779 0.610 -2.562 0.036 0.814 0.190
(0.944) (0.228) (1.170) (0.001) (0.296) (0.002) (0.071) (0.040) (0.010)  (0.213)
Chemical products 1.000  0.930 0.341 2271 0.743 -3.887 0.402 -1.671 -0.018  0.866 -0.134
(0.111)  (0.041) (0.143) (0.001) (0.187) (0.003) (0.023) (0.009) (0.007)  (0.068)
Computer, electronics 1.000  2.671 0.591 4.262 0.267 -1.365 0.488 -1.954 -0.034  0.825 -0.192
(0.643) (0.151) (0.785) (0.003) (0.009) (0.002) (0.028) (0.023) (0.009)  (0.136)
Electrical equipment 1.000  1.040 0.298 2.338 0.656 -2.907 0.494 -1.975 0.022 0.842 0.138
(0.146) (0.050) (0.188) (0.002) (0.126) (0.002) (0.033) (0.009) (0.011)  (0.056)
Food, beverage, tobacco 1.000  0.923 0.534 2.458 0.569 -2.322 0.608 -2.554 0.328 0.793 1.585
(0.055) (0.032) (0.087) (0.000) (0.009) (0.001) (0.029) (0.021) (0.003)  (0.096)
Machinery and equipment 1.000  1.222 0.248 2.469 0.573 -2.342 0.425 -1.739 0.055 0.789 0.262
(0.108)  (0.025) (0.132) (0.001) (0.025) (0.001) (0.007) (0.007) (0.004)  (0.035)
Basic metal and fabricated metal 1.000  1.493 0.407 2.900 0.476 -1.909 0.479 -1.921 0.030 0.817 0.163
(0.334) (0.092) (0.426) (0.001) (0.011) (0.001) (0.007) (0.009) (0.004)  (0.048)
Other manufacturing 1.000  1.290 0.523 2.813 0.462 -1.858 0.465 -1.869 0.098 0.814 0.526
(0.062) (0.028) (0.088) (0.000) (0.006) (0.001) (0.007) (0.009) (0.005)  (0.047)
Rubber and plastic 1.000  1.486 0.925 3411 0.393 -1.648 0.457 -1.842 -0.036  0.857 -0.255
(0.181) (0.110) (0.288) (0.001) (0.004) (0.001) (0.009) (0.007) (0.004)  (0.050)
Textiles, wearing apparel 1.000  1.107 0.518 2.626 0.488 -1.954 0.418 -1.717 0.149 0.866 1.114
(0.077)  (0.038) (0.111) (0.001) (0.008) (0.000) (0.004) (0.014) (0.004)  (0.094)
Wood, paper products 1.000  1.508 0.526 3.034 0.454 -1.830 0.569 -2.318 0.084 0.807 0.436
(0.158) (0.057) (0.213) (0.000) (0.005) (0.001) (0.021) (0.010) (0.005)  (0.053)

Notes. The table reports estimates based on the estimator of [Aw et al.|(2011), using the factor share approach, treating labor as
predetermined (like capital): average output elasticities ¢/ for materials input (j = M), labor (j = L) and capital (j = M), overall
returns to scale (RTS), the domestic demand elasticity n° = 1/(p® — 1), the demand elasticity on foreign markets n* = 1/(p* — 1),
the coefficient to learning by exporting u, the persistence parameter in the controlled Markov %, and the long run effect of exporting
/(1 —h). Bootstrap standard errors clustered by firm in parentheses, except for n°, p°, n*, p*, where standard errors are clustered by
firm but need not be bootstrapped.



J.2 Results allowing partial adjustment for labor

We present results that allow labor to partially adjust to contemporaneous productivity and demand
shocks. This permits entertaining the possibility that firms have the ability to flexibly adjust part of
employment, while another part is pre-determined within the period. This is particularly interesting
in the context of the French dual labor market, which features both short-term fixed employment
contracts and long term indefinite duration contracts. Even though the French dual labor market
is known for its rigidity, it is certainly possible that French firms adjust the current labor stock
to contemporaneous supply and demand shocks, even if not completely (Saint-Paul, [1996; Reshef]
et al.,|2022). To allow for this possibility, we need only adjust the factor shares second step moment
condition to replace all contemporaneous labor measures with lagged measures.

We report detailed results for the four models estimated above (multi-market, no demand cor-
rection, single market, and single market with no exporters) in Tables The results for
the multi-market estimator are quite similar to our main specification, in which we treat labor as
quasi-fixed. We estimate slightly higher returns to scale and lower elasticities of demand for the
multi-market estimator, and a slightly larger range of values for LBE (—0.017 to 0.042). Estimates
based on the single-market correction estimator still vary wildly by industry, and the estimates of

LBE still appear biased up in the two misspecified estimators.
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Table J.6: Estimates using Multi-Market Estimator, Partially Adjusting Labor Input

Industry oM ol ok RTS p° n'= ﬁ U h w/(1—h)
Autos and transport equipment 0.402 0.615 0.116 1.133 0.934 -15.074 0.004 0.788 0.020
(0.008) (0.026) (0.012) (0.025) (0.018) (4.285) (0.004) (0.011)  (0.016)
Chemical products 0.395 0.720 0.096 1.211 0.928 -13.961 -0.000  0.827 -0.003
(0.009) (0.031) (0.013) (0.024) (0.014) (3.165) (0.003) (0.011)  (0.018)
Computer, electronics 0.338 0.697 0.078 1.113 0.903 -10.261 0.008 0.815 0.046
(0.009) (0.031) (0.010) (0.032) (0.022) (3.146) (0.004) (0.007)  (0.019)
Electrical equipment 0.390 0.640 0.080 1.110 0.903 -10.309 0.009 0.803 0.048
(0.011) (0.030) (0.010) (0.036) (0.026) (3.210) (0.004) (0.010)  (0.018)
Food, beverage, tobacco 0.488 0.819 0.193 1.501 0.718 -3.545 0.003 0.715 0.011
(0.010) (0.016) (0.005) (0.029) (0.015) (0.181) (0.002) (0.004)  (0.008)
Machinery and equipment 0.351 0.842 0.090 1.283 0.794 -4.862 0.017 0.766 0.072
(0.006) (0.021) (0.004) (0.026) (0.015) (0.325) (0.002) (0.005)  (0.007)
Basic metal and fabricated metal ~ 0.286 0.955 0.130 1.371 0.751 -4.014 0.003 0.805 0.016
(0.005) (0.022) (0.005) (0.027) (0.014) 0.217) (0.002) (0.003)  (0.008)
Other manufacturing 0.291 0.943 0.135 1.369 0.777 -4.476 0.008 0.773 0.037
(0.005) (0.027) (0.005) (0.031) (0.015) (0.301) (0.003) (0.004) (0.011)
Rubber and plastic 0.393 0.743 0.117 1.252 0.865 -7.391 -0.017  0.816 -0.092
(0.008) (0.020) (0.006) (0.027) (0.017) (1.014) (0.002) (0.006)  (0.011)
Textiles, wearing apparel 0.372 0.757 0.176 1.305 0.736 -3.783 0.042 0.850 0.284
(0.018) (0.059) (0.010) (0.074) (0.034) (0.513) (0.003) (0.005)  (0.019)
Wood, paper products 0.326 0.975 0.104 1.405 0.761 -4.192 0.011 0.780 0.048

(0.005) (0.018) (0.004) (0.022) (0.011)  (0.191)  (0.002) (0.004)  (0.007)

Notes. The table reports estimates based on the multi-market estimator, allowing labor to partially adjust to current period shocks:
average output elasticities 6/ for materials input (j = M), labor (j = L) and capital (j = M), overall returns to scale (RTS), the demand
elasticity on the domestic market n° = 1/(p® — 1), the coefficient to learning by exporting u, the persistence parameter in the controlled
Markov h, and the long run effect of exporting 1t /(1 — k). Bootstrap standard errors clustered by firm in parentheses.
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Table J.7: Estimates using Single-Market Estimator (SMC), Partially Adjusting Labor Input

Industry oM ol ok RTS p n= ﬁ u h w/(1—h)
Autos and transport equipment 0.377 0.633 0.126 1.137 0.963 -26.725 0.012 0.772 0.053
(0.005) (0.018) (0.010) (0.012)  (0.005) (3.967) (0.003) (0.016)  (0.011)
Chemical products 13.778 26.114 3.268 43.159 0.027 -1.027 -0.164  0.834 -0.987
(39.681)  (77.447)  (7.914) (124.925) (0.100) (0.080) (0.766) (0.015)  (4.586)
Computer, electronics 0.419 0.862 0.151 1.432 0.715 -3.515 0.020 0.811 0.108
(0.236) (0.609) (0.086) (0.929)  (0.100) (0.738) (0.018) (0.009)  (0.118)
Electrical equipment 0.480 0.824 0.134 1.438 0.709 -3.435 0.022 0.800 0.109
(0.024) (0.052) (0.016) (0.070)  (0.032) (0.396) (0.005) (0.013)  (0.021)
Food, beverage, tobacco 0.655 1.251 0.126 2.033 0.529 -2.122 0.077 0.775 0.341
(0.025) (0.035) (0.014) (0.069)  (0.022) (0.118) (0.004) (0.003)  (0.017)
Machinery and equipment 0.555 1.223 0.171 1.949 0.509 -2.037 0.056 0.776 0.251
(0.116) (0.289) (0.043) (0.448)  (0.051) (0.143) (0.009) (0.011)  (0.066)
Basic metal and fabricated metal 0.330 0.840 0.255 1.424 0.660 -2.945 0.023 0.807 0.121
(0.008) (0.033) (0.012) 0.041)  (0.017) (0.145) (0.002) (0.004)  (0.010)
Other manufacturing 2.068 6.287 1.334 9.690 0.108 -1.121 0.225 0.804 1.148
(6.995) (21.319)  (4.356)  (32.668) (0.066) (0.089) (0.660) (0.005)  (3.486)
Rubber and plastic -0.847 -1.622 -0.313 -2.782 -0.394 -0.717 0.020 0.828 0.115
(0.092) (0.164) (0.036) (0.288)  (0.059) (0.026) (0.003) (0.008)  (0.015)
Textiles, wearing apparel 0.169 0.289 0.114 0.571 1.595 1.681 0.028 0.854 0.192
(0.003) (0.012) (0.007) (0.012)  (0.034) (0.096) (0.002) (0.006)  (0.013)
Wood, paper products -25.843 -72.424  -10.339  -108.606  -0.010 -0.990 -1.274  0.810 -6.719
(210.479)  (595.062) (80.585) (886.105) (0.046) (0.045) (9.881) (0.005) (51.502)

Notes. The table reports estimates based on the single-market estimator a la Klette & Griliches|(1996), using the factor share approach,
allowing labor to partially adjust to current period shocks: average output elasticities ¢/ for materials input (j = M), labor (j = L) and
capital (j = M), overall returns to scale (RTS), the demand elasticity n = 1/(p — 1), the coefficient to learning by exporting u, the
persistence parameter in the controlled Markov %, and the long run effect of exporting /(1 — ). Bootstrap standard errors clustered by

firm in parentheses.
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Table J.8: Estimates using Single-Market Estimator (SMC) on Sample of Non-Exporters, Partially Adjusting Labor Input

Industry oM ol ok RTS P n= ﬁ u h w/(1—h)
Autos and transport equipment 0.378 0.647 0.126 1.151 0.962 -26.371 - 0775 -
(0.005) (0.018) (0.010) (0.013)  (0.006) (3.963) (0.015)
Chemical products 12.475 23.534 2.976 38.985 0.029 -1.030 - 0834 -
(132.540) (248.825) (37.153) (418.182) (0.066) (0.061) (0.014)
Computer, electronics 0.458 0.970 0.165 1.593 0.655 -2.900 - 0.813 -
(0.151) (0.391) (0.056) (0.595)  (0.106) (0.517) (0.009)
Electrical equipment 0.488 0.863 0.139 1.489 0.697 -3.304 - 0.801 -
(0.024) (0.054) 0.017) (0.073)  (0.032) (0.370) (0.012)
Food, beverage, tobacco 0.627 1.224 0.124 1.974 0.553 -2.236 - 0.777 -
(0.025) (0.034) (0.014) (0.068)  (0.023) (0.146) (0.003)
Machinery and equipment 0.580 1.319 0.186 2.084 0.487 -1.951 - 0783 -
(0.143) (0.368) (0.054) (0.564)  (0.052) (0.135) (0.010)
Basic metal and fabricated metal 0.333 0.869 0.260 1.463 0.653 -2.880 - 0.808 -
(0.009) (0.033) (0.012) (0.043)  (0.017) (0.141) (0.004)
Other manufacturing 2.717 8.599 1.716 13.033 0.082 -1.090 - 0.805 -
(46.854)  (149.803) (27.376) (224.029) (0.087) (0.096) (0.005)
Rubber and plastic -0.858 -1.618 -0.319 -2.795 -0.389 -0.720 - 0.829 -
(0.093) 0.167) (0.036) (0.293)  (0.058) (0.026) (0.008)
Textiles, wearing apparel 0.160 0.306 0.113 0.578 1.685 1.461 - 0852 -
(0.926) (0.840) (0.960) (2.726)  (0.313) (0.495) (0.014)
Wood, paper products -8.117 -23.079 -3.279 -34.475 -0.031 -0.970 - 0811 -
(34.913)  (98.525) (14.678) (148.096) (0.046) (0.043) (0.004)

Notes. The table reports estimates based on the single-market estimator a la Klette & Griliches|(1996), using the factor share approach,
allowing labor to partially adjust to current period shocks, where we restrict the sample to non-exporting firms: average output elasticities
o/ for materials input (j = M), labor (j = L) and capital (j = M), overall returns to scale (RTS), the demand elasticity n = 1/(p — 1),
the coefficient to learning by exporting U, the persistence parameter in the controlled Markov /4, and the long run effect of exporting
u/(1—h). Bootstrap standard errors clustered by firm in parentheses.
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Table J.9: Estimates using no Demand Correction, Partially Adjusting Labor Input

Industry oM ol ok RTS p n= (pl—l) u h w/(1—h)
Autos and transport equipment 0.363 0.608 0.116 1.088 - - 0.045 0.941 0.774
(0.004) (0.015) (0.009) (0.010) (0.004) (0.008)  (0.078)
Chemical products 0.367 0.807 0.032 1.205 - - 0.013 0.864 0.097
(0.004) (0.257) (0.124) (0.134) (0.078) (0.031)  (0.865)
Computer, electronics 0.300 0.604 0.119 1.023 - - 0.044 0.904 0.459
(0.005) (0.024) (0.011) (0.015) (0.003) (0.018)  (0.068)
Electrical equipment 0.340 0.573 0.105 1.019 - - 0.052 0.923 0.678
(0.004) (0.034) (0.019) (0.019) (0.006) (0.031)  (0.143)
Food, beverage, tobacco 0.346 0.634 0.070 1.051 - - 0.142 0.860 1.010
(0.001) (0.011) (0.006) (0.007) (0.005) (0.004)  (0.046)
Machinery and equipment 0.283 0.624 0.085 0.992 - - 0.056 0.857 0.389
(0.003) (0.005) (0.003) (0.004) (0.002) (0.007)  (0.020)
Basic metal and fabricated metal ~ 0.218 0.628 0.129 0974 - - 0.042 0.895 0.396
(0.001) (0.010) (0.005) (0.006) (0.002) (0.007)  (0.022)
Other manufacturing 0.224 0.679 0.131 1.034 - - 0.054 0.922 0.688
(0.001) (0.012) (0.005) (0.009) (0.002) (0.003)  (0.034)
Rubber and plastic 0.334 0.682 0.101 1.116 - - 0.026 0.944 0.467
(0.003) (0.023) (0.010) (0.013) (0.002) (0.005)  (0.045)
Textiles, wearing apparel 0.269 0.439 0.191 0.899 - - 0.045 0.948 0.874
(0.002) (0.021) (0.008) (0.014) (0.003) (0.003)  (0.038)
Wood, paper products 0.251 0.706 0.094 1.051 - - 0.046 0.909 0.513
(0.001) (0.011) (0.005) (0.007) (0.001) (0.005)  (0.027)

Notes. The table reports estimates without correcting for demand at all, using the factor share approach, allowing labor to partially
adjust to current period shocks: average output elasticities o/ for materials input (j = M), labor (j = L) and capital (j = M), overall
returns to scale (RTS), the demand elasticity 1 = 1/(p — 1), the coefficient to learning by exporting u, the persistence parameter in the
controlled Markov £, and the long run effect of exporting p /(1 — k). Bootstrap standard errors clustered by firm in parentheses.



J.3 Results using the control function method in French manufacturing data

We report here estimates of production functions, demand parameters and controlled Markov pro-
cesses across different models using the control function method. We consider the model without
correction for demand (Table [J.10), the single market model with all firms (Table and the
single market model in a sample without exporters (Table [J.12). In doing so we cannot apply a
quasi-non-parametric approach as we did above when using the factor shares approach. Instead,
we must make a slightly stronger assumption on the structure of the production function. Since
the data clearly reject a Cobb-Douglas production function, we apply a translog, which is a second
order approximation.

We use OLS estimates for setting the initial values for the GMM search, which is a common
practice. This procedure is prone to the |Ackerberg et al.|(2023)) critique, whereby the GMM search
tends not to move away from the OLS point estimates. However, this does not restrict the results
to be similar across different models. Indeed, the results are distinct across models.

From Tables J.11HJ.12] we find that the models that apply some correction for demand (single
market and single-market while excluding exporters) yield some really high or really low returns to
scale and output elasticities, or some very high or very low demand curvatures, or both. The single
market correction model yields erratic estimates of both returns to scale and demand elasticities,
regardless of whether we exclude exporters. The model with no correction for demand yields
mostly plausible estimates of returns to scale (except for Wood and paper products), but with quite
low estimates of returns to capital and high returns to materials—a telltale sign of transmission
bias. We conclude that the control function approach delivers, in practice, a poor estimator of the

production function and demand parameters.
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Table J.10: Estimates using No Demand Correction, Control Function Estimator

Industry oM ol ok RTS p n= (pl—l) u h w/(1—h)
Autos and transport equipment 0.613 0.295 0.093 1.000 - - 0.022 0.924 0.293
(0.052) (0.077) (0.022) (0.010) (0.022) (0.037)  (0.190)
Chemical products 0.594 0.291 0.117 1.002 - - 0.022 0.892 0.203
(0.046) (0.106) (0.030) (0.037) (0.017) (0.047)  (0.389)
Computer, electronics 0.504 0.394 0.092 0.990 - - 0.012 0.954 0.268
(0.221) (0.281) (0.053) (0.021) (0.060) (0.050)  (0.479)
Electrical equipment 0.450 0.515 0.010 0975 - - 0.166 0.867 1.253
(0.181) (0.248) (0.040) (0.053) (0.070) (0.044)  (0.581)
Food, beverage, tobacco 0.612 0.263 0.095 0.970 - - 0.027 0.947 0.508
(0.004) (0.010) (0.005) (0.006) (0.002) (0.003)  (0.058)
Machinery and equipment 1.141  -0.332  0.125 0.934 - - -0.056  0.818 -0.308
(0.770)  (0.866) (0.052) (0.049) (0.099) (0.037)  (0.566)
Basic metal and fabricated metal ~ 0.384 0.467 0.125 0976 - - 0.011 0.958 0.263
(0.014) (0.022) (0.005) (0.006) (0.002) (0.002)  (0.033)
Other manufacturing 0.366 0.495 0.117 0979 - - 0.015 0.944 0.259
(0.046) (0.092) (0.020) (0.029) (0.012) (0.033)  (0.093)
Rubber and plastic 0.402 0.728 0.060 1.190 - - 0.020 0.887 0.177
(0.177)  (0.461) (0.041) (0.258) (0.022) (0.025)  (0.181)
Textiles, wearing apparel 0.537 0.297 0.116 0.950 - - 0.005 0.967 0.153
(0.032) (0.063) (0.011) (0.034) (0.012) (0.020)  (0.194)
Wood, paper products 0.422 0.468 0.081 0970 - - 0.012 0.952 0.259
(0.553) (0.947) (0.046) (0.351) (0.040) (0.054)  (0.243)

Notes. The table reports estimates without correcting for demand at all, using the control function estimator: average output elasticities
o/ for materials input (j = M), labor (j = L) and capital (j = M), overall returns to scale (RTS), the demand elasticity n = 1/(p — 1),
the coefficient to learning by exporting U, the persistence parameter in the controlled Markov /4, and the long run effect of exporting
/(1 —h). Bootstrap standard errors clustered by firm in parentheses.
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Table J.11: Estimates using Single-Market Model (SMC), Control Function Estimator

Industry oM ol ok RTS p n= (p‘fl) u h w/(1—h)
Autos and transport equipment 0.187 0.925 0.040 1.152 0.941 -17.006 0.008 0.832 0.048
(0.329) (0.471)  (0.041) (0.108)  (0.039) (501.349) (0.010) (0.019)  (0.058)
Chemical products 1.406 0.218 0.346 1.969 0.478 -1.915 0.032 0.848 0.213
(1.147) (1.890)  (0.227) (2.802)  (0.215) (1.824) (0.097)  (0.044)  (0.641)
Computer, electronics 0.489 0.456 0.084 1.029 0.972 -36.325 0.001 0.756 0.003
(0.014) (0.082)  (0.014) (0.073)  (0.080)  (93.192) (0.002) (0.035)  (0.011)
Electrical equipment 0.500 0.426 0.050 0.977 1.012 81.222 -0.013 0.835 -0.077
(0.065) (0.232)  (0.016) (0.168)  (0.112) (184.529)  (0.006) (0.023)  (0.038)
Food, beverage, tobacco 1.772 1.229 0.014 3.015 0.375 -1.599 -0.009 0.799 -0.043
(1.523) (0.347)  (0.237) (2.006)  (0.214) (1.653) (0.012)  (0.032)  (0.054)
Machinery and equipment 1.241 1.133 0.188 2.562 0.387 -1.631 -0.013 0.799 -0.062
(0.119) (1.140)  (0.032) (1.156)  (0.222)  (36.679) (0.040) (0.015)  (0.171)
Basic metal and fabricated metal 0.671 0.045 0.212 0.928 0.924 -13.148 -0.004 0.930 -0.055
(0.284) (7.123)  (0.166) (6.711)  (0.389) (4.791) (0.026) (0.007)  (0.404)
Other manufacturing 1.781 1.729 0.575 4.085 0.234 -1.305 -0.016 0.795 -0.076
(0.907) (2.156)  (0.247) (3.137)  (1.394) (1.752) (0.031) (0.009)  (0.148)
Rubber and plastic -1.133 -1.486 -0.198 -2.817 -0.365 -0.733 -0.003 0.803 -0.015
(237.613) (14.813) (41.329) (293.615) (0.266) (0.171) (10.877) (0.039) (77.125)
Textiles, wearing apparel 0.121 0.501 -0.003 0.619 2.085 0.921 -0.024 0.819 -0.130
(0.204) (0.244)  (0.074) (0.044)  (0.406) (8.529) (0.019) (0.011)  (0.105)
Wood, paper products 0.228 -0.941 -0.002 -0.715 -2.144 -0.318 0.004 0.820 0.019
(0.365) (0.768)  (0.094) (1.198)  (1.324)  (10.984) (0.007)  (0.019)  (0.051)

Notes. The table reports estimates based on the single-market model a la Klette & Griliches|(1996), using the control function estimator:
average output elasticities o/ for materials input (j = M), labor (j = L) and capital (j = M), overall returns to scale (RTS), the demand
elasticity 1 = 1/(p — 1), the coefficient to learning by exporting U, the persistence parameter in the controlled Markov 4, and the long
run effect of exporting /(1 — k). Bootstrap standard errors clustered by firm in parentheses.
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Table J.12: Estimates using Single-Market Model (SMC), on Sample of Non-Exporters, Control Function Estimator

Industry oM ol ok RTS p n= (plfl) U h w/(1—h)

Autos and transport equipment 0.701 0.177 0.103 0.981 1.010 97.819 - 0.827 -
(0.240)  (0.352) (0.057) (0.086) (0.035) (497.709) (0.025)

Chemical products 0.955 -0.631 0.332 0.656 1.097 10.265 - 0.849 -
(2.550)  (4.795) (0.675) (6.673) (0.136) (0.282) (0.051)

Computer, electronics 0.490 0.457 0.084 1.031 0.972 -35.580 - 0.755 -
(0.013)  (0.066) (0.012) (0.063) (0.064) (67.912) (0.034)

Electrical equipment 0.537 0.386 0.081 1.005 0.992 -119.814 - 0.860 -
(0.029)  (0.103) (0.011) (0.089) (0.070) (1397.845) (0.024)

Food, beverage, tobacco 1.774 1.230 0.015 3.019 0.373 -1.595 - 0.799 -
(1.287)  (0.351) (0.231) (1.716)  (0.300) (0.665) (0.034)

Machinery and equipment 1.184 0.977 0.176 2.338 0.421 -1.728 - 0.804 -
(0.191)  (40.298) (0.758) (39.411) (0.418) (8.657) (0.015)

Basic metal and fabricated metal ~ 0.670 0.034 0.208 0.912 0.932 -14.814 - 0930 -
(0.158)  (1.144) (0.081) (1.068) (0.463) (5.233) (0.007)

Other manufacturing 0.237 -1.029 0.095 -0.697 -2.293 -0.304 - 0.800 -
(1.383)  (3.266) (0.286) (4.852) (1.731) (0.705) (0.009)

Rubber and plastic -1.238 -1.539  -0.216  -2.993  -0.342 -0.745 - 0.803 -
(47.666)  (6.506) (4.808) (58.789) (0.250) (0.199) (0.039)

Textiles, wearing apparel 0.237 0.365 0.039 0.641 1.672 1.489 - 0818 -
(0.185)  (0.189) (0.058) (0.062) (0.347) (1.987) (0.010)

Wood, paper products 0.289 -1.106 0.005 -0.813 -1.912 -0.343 - 0819 -
(0.357)  (0.741) (0.094) (1.178) (1.349)  (20.972) (0.021)

Notes. The table reports estimates based on the single-market model a la[Klette & Griliches|(1996), using the control function estimator,
where we restrict the sample to non-exporting firms: average output elasticities 6/ for materials input (j = M), labor (j = L) and capital
(j = M), overall returns to scale (RTS), the demand elasticity 1 = 1/(p — 1), the coefficient to learning by exporting U, the persistence
parameter in the controlled Markov A, and the long run effect of exporting pt/(1 — h). Bootstrap standard errors clustered by firm in
parentheses.
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